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    We start by discussing the beautiful physics of the QCD vacuum (our vacuum). 


  QCD is a SU(N) gauge theory with N=3 colors.   The mediators are 8 gluons, which carry 

both color and anti-color.  They mediate interactions among themselves as well as among 
quarks. 


At distances larger than the QCD length-scale,          ,  QCD  confines and the right degrees 
of freedom  are the ``composites": glueballs, mesons, baryons. 

 Locally, these configurations look pure-gauge (no field strengths) but cannot be removed 
by vacuum field deformations. 

Classically, it is described by configurations 
with integer winding number n: 

However, in quantum theory there are transitions generated by instantons, 

that change n. 
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The vacuum of QCD, as usual, corresponds to a state with no particles. 

However, this vacuum is topologically non-trivial:
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Instantons: Euclidean configurations describing a process that change winding number n  
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 Their classical Euclidean action is scale invariant, i.e., 
independent of size. E.g., for
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Correspondingly,  the transition rate is: 

(Belavin, Polyakov, Schwarz and Tyupkin) 
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Thus, the topology of the QCD vacuum

Instanton transitions with the rate 

-vacua:

The choice of the vacuum is described by the 

 are not vacua. 

Instead, the right vacua are the 
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  This leads to the strong-CP problem.  In the standard discussion (which ignores gravity) the strong-CP puzzle 
is formulated as the following  naturalness problem. 

 QCD has a continuum of vacua   conventionally labelled  by the CP-violating vacuum angle 

(Callan, Dashen, Gross '76;  Jackiw, Rebbi '76).
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These vacua belong to different superselection sectors. In fact, in theory with massive 
quarks, the physically measurable parameter is  the quantity
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which induces the electric dipole moment of neutron (EDMN)  (Baluni, '79, Crewther et al '79, erratum 
'80).  The comparison of the resulting theoretical value with the current experimental   limit  
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Thus, the observations indicate that we live in  a sector with a minuscule or zero  

<latexit sha1_base64="zwzXrUeEI+DvlfpHaZSkxhCeE58=">AAACDXicbVDJSgNBEO2JW4xb1KOXxih40DAjrregF48RzAKZGHo6laRJz0J3jRAm+QEv/ooXD4p49e7Nv7GzHDTxQcHjvSqq6nmRFBpt+9tKzc0vLC6llzMrq2vrG9nNrbIOY8WhxEMZqqrHNEgRQAkFSqhGCpjvSah43euhX3kApUUY3GEvgrrP2oFoCc7QSI3sXob2XY+pxMUOIBv0KXUlaK2FTx37Pjm6HLiHjWzOztsj0FniTEiOTFBsZL/cZshjHwLkkmldc+wI6wlTKLiEQcaNNUSMd1kbaoYGzAddT0bfDOi+UZq0FSpTAdKR+nsiYb7WPd8znT7Djp72huJ/Xi3G1kU9EUEUIwR8vKgVS4ohHUZDm0IBR9kzhHElzK2Ud5hiHE2AGROCM/3yLCkf552z/OntSa5wNYkjTXbILjkgDjknBXJDiqREOHkkz+SVvFlP1ov1bn2MW1PWZGab/IH1+QONlpqb</latexit>

|✓̄| . 10�9

<latexit sha1_base64="1GCnCKEbQzApYjDGCpXZlt0SNgA=">AAAB9XicbVDJSgNBEO1xjeMW9eilMQiewoy4HYNePEYwC2TG0NOpSZr0LHTXKGHIf3jxoIhX/8Wbf2MnmYMmPih4vFdFVb0glUKj43xbS8srq2vrpQ17c2t7Z7e8t9/USaY4NHgiE9UOmAYpYmigQAntVAGLAgmtYHgz8VuPoLRI4nscpeBHrB+LUHCGRnqwqRcwlXs4AGTjbrniVJ0p6CJxC1IhBerd8pfXS3gWQYxcMq07rpOinzOFgksY216mIWV8yPrQMTRmEWg/n149psdG6dEwUaZipFP190TOIq1HUWA6I4YDPe9NxP+8TobhlZ+LOM0QYj5bFGaSYkInEdCeUMBRjgxhXAlzK+UDphhHE5RtQnDnX14kzdOqe1E9vzur1K6LOErkkByRE+KSS1Ijt6ROGoQTRZ7JK3mznqwX6936mLUuWcXMAfkD6/MH/QiSNQ==</latexit>

✓̄

This is puzzling.

Notice that there exists an additional contribution to EDMN, coming from the breaking of CP-symmetry by 
the weak interaction   (Ellis, Gaillard and Nanopoulos '76;  Shabalin '79; Ellis and Gaillard '79). 

However, this correction is too small for affecting the current bound.
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Peccei-Quinn solution:  Removing        by anomalous chiral  symmetry 
<latexit sha1_base64="1GCnCKEbQzApYjDGCpXZlt0SNgA=">AAAB9XicbVDJSgNBEO1xjeMW9eilMQiewoy4HYNePEYwC2TG0NOpSZr0LHTXKGHIf3jxoIhX/8Wbf2MnmYMmPih4vFdFVb0glUKj43xbS8srq2vrpQ17c2t7Z7e8t9/USaY4NHgiE9UOmAYpYmigQAntVAGLAgmtYHgz8VuPoLRI4nscpeBHrB+LUHCGRnqwqRcwlXs4AGTjbrniVJ0p6CJxC1IhBerd8pfXS3gWQYxcMq07rpOinzOFgksY216mIWV8yPrQMTRmEWg/n149psdG6dEwUaZipFP190TOIq1HUWA6I4YDPe9NxP+8TobhlZ+LOM0QYj5bFGaSYkInEdCeUMBRjgxhXAlzK+UDphhHE5RtQnDnX14kzdOqe1E9vzur1K6LOErkkByRE+KSS1Ijt6ROGoQTRZ7JK3mznqwX6936mLUuWcXMAfkD6/MH/QiSNQ==</latexit>

✓̄
<latexit sha1_base64="CDjtkauezAHUeegYsgU9yX3kxBI=">AAAB8XicbVBNT8JAEJ3iF9Yv1KOXjcQEL6Q1+HEkevEIiQUiNGS7bGHDdtvsbk1Iw7/w4kFjvPpvvPlvXKAHBV8yyct7M5mZFyScKe0431ZhbX1jc6u4be/s7u0flA6PWipOJaEeiXksOwFWlDNBPc00p51EUhwFnLaD8d3Mbz9RqVgsHvQkoX6Eh4KFjGBtpEfbq7jn/azRnPZLZafqzIFWiZuTMuRo9EtfvUFM0ogKTThWqus6ifYzLDUjnE7tXqpogskYD2nXUIEjqvxsfvEUnRllgMJYmhIazdXfExmOlJpEgemMsB6pZW8m/ud1Ux3e+BkTSaqpIItFYcqRjtHsfTRgkhLNJ4ZgIpm5FZERlphoE5JtQnCXX14lrYuqe1W9bNbK9ds8jiKcwClUwIVrqMM9NMADAgKe4RXeLGW9WO/Wx6K1YOUzx/AH1ucP2v+PwQ==</latexit>

U(1)PQ
<latexit sha1_base64="joMMaG3nALV7tv0KVd5abIxEKNk="></latexit>

 ! e�i 1
2↵�5 

Anomalous non-conservation of the current 

<latexit sha1_base64="BLcUHxLQDw5fBHhWzYaiwwzlUQU="></latexit>

@µ( ̄�µ�5 ) = GG̃

and Lagragian shifts 
<latexit sha1_base64="pcsQV6rqvYcOCbMOUG+KkRmV3Ps=">AAACE3icbZDJSgNBEIZ73I1b1KOXxiCISJgRt4sgetCDBwWzQCaEmp5K0tiz0F0jhCHv4MVX8eJBEa9evPk2dmIObgXdfPx/Fd31B6mShlz3wxkbn5icmp6ZLczNLywuFZdXqibJtMCKSFSi6wEYVDLGCklSWE81QhQorAU3pwO/dovayCS+pl6KzQg6sWxLAWSlVnGrwP0QFQG/4P42Pxpc3AeVdmGIZ9wnqULMz/qtYsktu8Pif8EbQYmN6rJVfPfDRGQRxiQUGNPw3JSaOWiSQmG/4GcGUxA30MGGxRgiNM18uFOfb1gl5O1E2xMTH6rfJ3KIjOlFge2MgLrmtzcQ//MaGbUPm7mM04wwFl8PtTPFKeGDgHgoNQpSPQsgtLR/5aILGgTZGAs2BO/3yn+hulP29st7V7ul45NRHDNsja2zTeaxA3bMztklqzDB7tgDe2LPzr3z6Lw4r1+tY85oZpX9KOftEyRNmqA=</latexit>

�L = ↵GG̃

Thus,        -term can be shifted away
<latexit sha1_base64="clVCOo2gFZVJJ1sEwh65sxP/f/U=">AAACHHicbVDJSgNBEO1xjXEb9eilMQiCEGbcj0EvHiOYBTIh1HQ6mSY9C901ShjyIV78FS8eFPHiQfBv7CwHk/ig4PFeFVX1/EQKjY7zYy0sLi2vrObW8usbm1vb9s5uVcepYrzCYhmrug+aSxHxCgqUvJ4oDqEvec3v3Qz92gNXWsTRPfYT3gyhG4mOYIBGatmneer5oDIPA44woNRTohsgKBU/0mnrmHogkwBoyy44RWcEOk/cCSmQCcot+8trxywNeYRMgtYN10mwmYFCwSQf5L1U8wRYD7q8YWgEIdfNbPTcgB4apU07sTIVIR2pfycyCLXuh77pDAEDPesNxf+8Roqdq2YmoiRFHrHxok4qKcZ0mBRtC8UZyr4hwJQwt1IWgAKGJs+8CcGdfXmeVE+K7kXx/O6sULqexJEj++SAHBGXXJISuSVlUiGMPJEX8kberWfr1fqwPsetC9ZkZo9Mwfr+BUtGoOU=</latexit>

✓̄ ! ✓̄ + ↵

Thus,        is unphysical!

<latexit sha1_base64="1GCnCKEbQzApYjDGCpXZlt0SNgA=">AAAB9XicbVDJSgNBEO1xjeMW9eilMQiewoy4HYNePEYwC2TG0NOpSZr0LHTXKGHIf3jxoIhX/8Wbf2MnmYMmPih4vFdFVb0glUKj43xbS8srq2vrpQ17c2t7Z7e8t9/USaY4NHgiE9UOmAYpYmigQAntVAGLAgmtYHgz8VuPoLRI4nscpeBHrB+LUHCGRnqwqRcwlXs4AGTjbrniVJ0p6CJxC1IhBerd8pfXS3gWQYxcMq07rpOinzOFgksY216mIWV8yPrQMTRmEWg/n149psdG6dEwUaZipFP190TOIq1HUWA6I4YDPe9NxP+8TobhlZ+LOM0QYj5bFGaSYkInEdCeUMBRjgxhXAlzK+UDphhHE5RtQnDnX14kzdOqe1E9vzur1K6LOErkkByRE+KSS1Ijt6ROGoQTRZ7JK3mznqwX6936mLUuWcXMAfkD6/MH/QiSNQ==</latexit>

✓̄

<latexit sha1_base64="1GCnCKEbQzApYjDGCpXZlt0SNgA=">AAAB9XicbVDJSgNBEO1xjeMW9eilMQiewoy4HYNePEYwC2TG0NOpSZr0LHTXKGHIf3jxoIhX/8Wbf2MnmYMmPih4vFdFVb0glUKj43xbS8srq2vrpQ17c2t7Z7e8t9/USaY4NHgiE9UOmAYpYmigQAntVAGLAgmtYHgz8VuPoLRI4nscpeBHrB+LUHCGRnqwqRcwlXs4AGTjbrniVJ0p6CJxC1IhBerd8pfXS3gWQYxcMq07rpOinzOFgksY216mIWV8yPrQMTRmEWg/n149psdG6dEwUaZipFP190TOIq1HUWA6I4YDPe9NxP+8TobhlZ+LOM0QYj5bFGaSYkInEdCeUMBRjgxhXAlzK+UDphhHE5RtQnDnX14kzdOqe1E9vzur1K6LOErkkByRE+KSS1Ijt6ROGoQTRZ7JK3mznqwX6936mLUuWcXMAfkD6/MH/QiSNQ==</latexit>

✓̄
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This matches the knowledge from index theorem:    According to index theorem  each 
spin-1/2 quark deposits  a chiral zero mode in the instanton background.  That is, a zero 
action  mode that solves  the Dirac equation in instanton background: 

this suppresses the transitions,  since  
the vacuum cannot support the chiral 
charge. 

<latexit sha1_base64="hMQ+OHIk2eC3ZcK2dsBLtk8LirQ=">AAACEXicbVC7TsMwFHV4lvAqMLJYVEhlqRLEa0GqgIGxSPQhNWnkuG5r1XYi20Gqov4CC7/CwgBCrGxs/A1umgFajnR1j865V/Y9Ycyo0o7zbS0sLi2vrBbW7PWNza3t4s5uQ0WJxKSOIxbJVogUYVSQuqaakVYsCeIhI81weD3xmw9EKhqJez2Kic9RX9AexUgbKSiWba+POEed1OPJGN4EWe+kZSqUPhpDL1YUwksHBsWSU3EywHni5qQEctSC4pfXjXDCidCYIaXarhNrP0VSU8zI2PYSRWKEh6hP2oYKxIny0+yiMTw0Shf2ImlKaJipvzdSxJUa8dBMcqQHatabiP957UT3LvyUijjRRODpQ72EQR3BSTywSyXBmo0MQVhS81eIB0girE2ItgnBnT15njSOK+5Z5fTupFS9yuMogH1wAMrABeegCm5BDdQBBo/gGbyCN+vJerHerY/p6IKV7+yBP7A+fwCTa5w1</latexit>

�µD(inst)
µ  = 0
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However, in nature there are no massless quarks.  So the                 - symmetry must be spontaneously 

  broken by the VEV of  a complex scalar field 

<latexit sha1_base64="vxWhL/JItSb1uBbbTkNinQcaJpc=">AAACFXicbVDLSsNAFJ34rPEVdelmsAgVpCTiayMU3bisYB/QxDCZTtqhkwczE7EM+Qk3/oobF4q4Fdz5N07bLLT1wIXDOfdy7z1ByqiQtv1tzM0vLC4tl1bM1bX1jU1ra7spkoxj0sAJS3g7QIIwGpOGpJKRdsoJigJGWsHgauS37gkXNIlv5TAlXoR6MQ0pRlJLvnVoQrfep/ACuryfVB4OoHJ5BEl+p6gbcoQV0mKuQh/luW+V7ao9BpwlTkHKoEDdt77cboKziMQSMyREx7FT6SnEJcWM5KabCZIiPEA90tE0RhERnhp/lcN9rXRhmHBdsYRj9feEQpEQwyjQnRGSfTHtjcT/vE4mw3NP0TjNJInxZFGYMSgTOIoIdiknWLKhJghzqm+FuI90FlIHaeoQnOmXZ0nzqOqcVk9ujsu1yyKOEtgFe6ACHHAGauAa1EEDYPAInsEreDOejBfj3fiYtM4ZxcwO+APj8wdlMJ3O</latexit>

� = ⇢(x)ei
a(x)
fa

which under                 transforms as
<latexit sha1_base64="CUN8AaWttvvNMx4Yaj4f40O+izM=">AAACE3icbVC7TsMwFHXKq5RXgZHFokJCDFWCeI0VLIxFog+pKdWN6zRWHSeyHVAV9R9Y+BUWBhBiZWHjb3DTDNByJEtH55yr63u8mDOlbfvbKiwsLi2vFFdLa+sbm1vl7Z2mihJJaINEPJJtDxTlTNCGZprTdiwphB6nLW94NfFb91QqFolbPYppN4SBYD4joI3UKx+VsFsPGHYlGwQapIwecOrKENPxXcpc4HEA4yzi9soVu2pnwPPEyUkF5aj3yl9uPyJJSIUmHJTqOHasuylIzQin45KbKBoDGcKAdgwVEFLVTbObxvjAKH3sR9I8oXGm/p5IIVRqFHomGYIO1Kw3Ef/zOon2L7opE3GiqSDTRX7CsY7wpCDcZ5ISzUeGAJHM/BWTACQQbWosmRKc2ZPnSfO46pxVT29OKrXLvI4i2kP76BA56BzV0DWqowYi6BE9o1f0Zj1ZL9a79TGNFqx8Zhf9gfX5AxiCnbc=</latexit>

� ! ei↵�
 With the Mexican-hat (Goldstone) potential  

<latexit sha1_base64="rZlWP/2bwZTChUpooVyzdUxs2xk=">AAACG3icbVDNS8MwHE39nPNr6tFLcAjbwdEWvy7C0IvHCe4D1m6kabqFpWlJUmGU/R9e/Fe8eFDEk+DB/8a020E3HwRe3vs9kt/zYkalMs1vY2l5ZXVtvbBR3Nza3tkt7e23ZJQITJo4YpHoeEgSRjlpKqoY6cSCoNBjpO2NbjK//UCEpBG/V+OYuCEacBpQjJSW+iW72Ko4jSGtwivoMJ3zUc+GudRLHR8NBkRMshs8Cfraqvbsfqls1swccJFYM1IGMzT6pU/Hj3ASEq4wQ1J2LTNWboqEopiRSdFJJIkRHqEB6WrKUUikm+a7TeCxVnwYREIfrmCu/k6kKJRyHHp6MkRqKOe9TPzP6yYquHRTyuNEEY6nDwUJgyqCWVHQp4JgxcaaICyo/ivEQyQQVrrOoi7Bml95kbTsmnVeO7s7LdevZ3UUwCE4AhVggQtQB7egAZoAg0fwDF7Bm/FkvBjvxsd0dMmYZQ7AHxhfP6Lnnrs=</latexit>

V (�) = �2(�†�� f2
a )

2

Nambu-Goldstone phase is the axion  (Weinberg '78;  Wilczek '78). 

<latexit sha1_base64="CDjtkauezAHUeegYsgU9yX3kxBI=">AAAB8XicbVBNT8JAEJ3iF9Yv1KOXjcQEL6Q1+HEkevEIiQUiNGS7bGHDdtvsbk1Iw7/w4kFjvPpvvPlvXKAHBV8yyct7M5mZFyScKe0431ZhbX1jc6u4be/s7u0flA6PWipOJaEeiXksOwFWlDNBPc00p51EUhwFnLaD8d3Mbz9RqVgsHvQkoX6Eh4KFjGBtpEfbq7jn/azRnPZLZafqzIFWiZuTMuRo9EtfvUFM0ogKTThWqus6ifYzLDUjnE7tXqpogskYD2nXUIEjqvxsfvEUnRllgMJYmhIazdXfExmOlJpEgemMsB6pZW8m/ud1Ux3e+BkTSaqpIItFYcqRjtHsfTRgkhLNJ4ZgIpm5FZERlphoE5JtQnCXX14lrYuqe1W9bNbK9ds8jiKcwClUwIVrqMM9NMADAgKe4RXeLGW9WO/Wx6K1YOUzx/AH1ucP2v+PwQ==</latexit>

U(1)PQ

<latexit sha1_base64="CDjtkauezAHUeegYsgU9yX3kxBI=">AAAB8XicbVBNT8JAEJ3iF9Yv1KOXjcQEL6Q1+HEkevEIiQUiNGS7bGHDdtvsbk1Iw7/w4kFjvPpvvPlvXKAHBV8yyct7M5mZFyScKe0431ZhbX1jc6u4be/s7u0flA6PWipOJaEeiXksOwFWlDNBPc00p51EUhwFnLaD8d3Mbz9RqVgsHvQkoX6Eh4KFjGBtpEfbq7jn/azRnPZLZafqzIFWiZuTMuRo9EtfvUFM0ogKTThWqus6ifYzLDUjnE7tXqpogskYD2nXUIEjqvxsfvEUnRllgMJYmhIazdXfExmOlJpEgemMsB6pZW8m/ud1Ux3e+BkTSaqpIItFYcqRjtHsfTRgkhLNJ4ZgIpm5FZERlphoE5JtQnCXX14lrYuqe1W9bNbK9ds8jiKcwClUwIVrqMM9NMADAgKe4RXeLGW9WO/Wx6K1YOUzx/AH1ucP2v+PwQ==</latexit>

U(1)PQ
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The fermions (for simplicity take one) get mass from
<latexit sha1_base64="bi5Omnln6vXPf9rODleGKYquEiU="></latexit>

L = i ̄�µDµ � ��  ̄ 

 Taking into account anomaly, the effective theory is:
<latexit sha1_base64="hDlWYH5FApLbpevjaljOACSD6g0="></latexit>

La =
1

2
(@µa)

2 �
✓

a

fa
� ✓̄

◆
GG̃

<latexit sha1_base64="MBvI08gtBipMp1Mm83F8/yQWZWQ=">AAACG3icbVA7SwNBEN7zbXxFLW0Wg2BjuBNfjRC0sVQwKuRCmNvMmcW922N3TgjH/Q8b/4qNhSJWgoX/xk1M4Wuqj+/BzHxRpqQl3//wxsYnJqemZ2Yrc/MLi0vV5ZULq3MjsCm00uYqAotKptgkSQqvMoOQRAovo5vjgX55i8ZKnZ5TP8N2AtepjKUAclSnuh1GYIqQekhQdgqM45LzQ14AD7XL8bgDJd/iP1zVml/3h8P/gmAEamw0p53qW9jVIk8wJaHA2lbgZ9QuwJAUCstKmFvMQNzANbYcTCFB2y6Gv5V8wzFdHmt3ik6JD9nviQISa/tJ5JwJUM/+1gbkf1orp/igXcg0ywlT8bUozhUnzQdF8a40KEj1HQBhpLuVix4YEOTqrLgSgt8v/wUX2/Vgr757tlNrHI3qmGFrbJ1tsoDtswY7YaesyQS7Yw/siT17996j9+K9flnHvFFmlf0Y7/0TaOWhCA==</latexit>

✓̄eff =
a

fa
� ✓̄

<latexit sha1_base64="w092URQbaw4lPDakfkPwJl8vbdI=">AAACAHicbVDJSgNBEO2JW4zbqAcPXhqD4CnMiNtFCHrxGMEskAmhp1OTNOlZ6K4RwjAXf8WLB0W8+hne/Bs7y0ETHxQ83quiqp6fSKHRcb6twtLyyupacb20sbm1vWPv7jV0nCoOdR7LWLV8pkGKCOooUEIrUcBCX0LTH96O/eYjKC3i6AFHCXRC1o9EIDhDI3XtA89nKvNwAMjybgZBkFN6TZ2uXXYqzgR0kbgzUiYz1Lr2l9eLeRpChFwyrduuk2AnYwoFl5CXvFRDwviQ9aFtaMRC0J1s8kBOj43So0GsTEVIJ+rviYyFWo9C33SGDAd63huL/3ntFIOrTiaiJEWI+HRRkEqKMR2nQXtCAUc5MoRxJcytlA+YYhxNZiUTgjv/8iJpnFbci8r5/Vm5ejOLo0gOyRE5IS65JFVyR2qkTjjJyTN5JW/Wk/VivVsf09aCNZvZJ39gff4A2ZGV6w==</latexit>

✓̄eff = 0

Thus, became a dynamical variable. 

The global minimum is at  (Vafa, Witten '84)

And the axion relaxes there dynamically.
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Indeed, the non-perturbative effects (instantons) generate the potential for the 
axion.  In dilute instanton gas approximation,

<latexit sha1_base64="Q2kYc8NbaTNq6i5Rs8gcgTt3FaA="></latexit>

V (a) = �⇤4 cos

✓
a

fa
� ✓̄

◆

which indeed forces 
<latexit sha1_base64="w092URQbaw4lPDakfkPwJl8vbdI=">AAACAHicbVDJSgNBEO2JW4zbqAcPXhqD4CnMiNtFCHrxGMEskAmhp1OTNOlZ6K4RwjAXf8WLB0W8+hne/Bs7y0ETHxQ83quiqp6fSKHRcb6twtLyyupacb20sbm1vWPv7jV0nCoOdR7LWLV8pkGKCOooUEIrUcBCX0LTH96O/eYjKC3i6AFHCXRC1o9EIDhDI3XtA89nKvNwAMjybgZBkFN6TZ2uXXYqzgR0kbgzUiYz1Lr2l9eLeRpChFwyrduuk2AnYwoFl5CXvFRDwviQ9aFtaMRC0J1s8kBOj43So0GsTEVIJ+rviYyFWo9C33SGDAd63huL/3ntFIOrTiaiJEWI+HRRkEqKMR2nQXtCAUc5MoRxJcytlA+YYhxNZiUTgjv/8iJpnFbci8r5/Vm5ejOLo0gOyRE5IS65JFVyR2qkTjjJyTN5JW/Wk/VivVsf09aCNZvZJ39gff4A2ZGV6w==</latexit>

✓̄eff = 0



12

Anomalous symmetry Fermionic zero mode on instanton 

Dynamical relaxation by axion 

<latexit sha1_base64="TGN/8696O8izUFE85MkIy751WFk=">AAAB+3icbVDLSsNAFJ3UV62vWJduBovgqiTiayMU3bisYB/QhDKZTtqhk0mYuRFLyK+4caGIW3/EnX/jtM1CWw9cOJxzL/feEySCa3Ccb6u0srq2vlHerGxt7+zu2fvVto5TRVmLxiJW3YBoJrhkLeAgWDdRjESBYJ1gfDv1O49MaR7LB5gkzI/IUPKQUwJG6ttV7AVEZR6MGJAcX2MH9+2aU3dmwMvELUgNFWj27S9vENM0YhKoIFr3XCcBPyMKOBUsr3ipZgmhYzJkPUMliZj2s9ntOT42ygCHsTIlAc/U3xMZibSeRIHpjAiM9KI3Ff/zeimEV37GZZICk3S+KEwFhhhPg8ADrhgFMTGEUMXNrZiOiCIUTFwVE4K7+PIyaZ/W3Yv6+f1ZrXFTxFFGh+gInSAXXaIGukNN1EIUPaFn9IrerNx6sd6tj3lrySpmDtAfWJ8/S4OTUQ==</latexit>

✓̄ = 0
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 Axion skeptics: 

        Is strong-CP even a problem?  Let me simply tune                . 

     

     OK, let us accept the problem.  But  in axion solution you rely on an (approximate) global 
symmetry  which must be explicitly broken, exclusively,  by the QCD anomaly. 

    What kind of a deal is this?  

    Why should this symmetry be respected by other forces of nature (e.g., by gravity) or simply 

even be  there to start with?

<latexit sha1_base64="rpr8jqQ5eCjOoCDAE5I05j4Vz38=">AAAB8XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKr4sQ9OIxgnlgsoTZyWwyZHZ2mekVwpK/8OJBEa/+jTf/xkmyB40WNBRV3XR3BYkUBl33yyksLa+srhXXSxubW9s75d29polTzXiDxTLW7YAaLoXiDRQoeTvRnEaB5K1gdDP1W49cGxGrexwn3I/oQIlQMIpWeujikCMl5MrtlStu1Z2B/CVeTiqQo94rf3b7MUsjrpBJakzHcxP0M6pRMMknpW5qeELZiA54x1JFI278bHbxhBxZpU/CWNtSSGbqz4mMRsaMo8B2RhSHZtGbiv95nRTDSz8TKkmRKzZfFKaSYEym75O+0JyhHFtCmRb2VsKGVFOGNqSSDcFbfPkvaZ5UvfPq2d1ppXadx1GEAziEY/DgAmpwC3VoAAMFT/ACr45xnp03533eWnDymX34BefjG0vykAc=</latexit>

✓ = 0

The  PQ solution is unstable with respect to an arbitrary continuous  deformation of the 
theory that breaks the PQ symmetry explicitly.  e.g.,  

<latexit sha1_base64="Z9/vFhdJ/q0Bcvp5rjI4mdjx2xg="></latexit>

(�†)n(�)m ! �V (a) / cos

✓
(m� n)

a

fa
� (?)

◆

These competing terms induce
<latexit sha1_base64="A8HfG48yGVRkOi7BQKyO2F3kTaM=">AAACAnicbVDJSgNBEO1xjXGLehIvjUHwFGbE7Rj04jGCWSATQk+nJmnS0zN21whhCF78FS8eFPHqV3jzb+wsB018UPB4r4qqekEihUHX/XYWFpeWV1Zza/n1jc2t7cLObs3EqeZQ5bGMdSNgBqRQUEWBEhqJBhYFEupB/3rk1x9AGxGrOxwk0IpYV4lQcIZWahf2/YDpzMceIBu2MwjDIfUV3FO3XSi6JXcMOk+8KSmSKSrtwpffiXkagUIumTFNz02wlTGNgksY5v3UQMJ4n3WhaaliEZhWNn5hSI+s0qFhrG0ppGP190TGImMGUWA7I4Y9M+uNxP+8ZorhZSsTKkkRFJ8sClNJMaajPGhHaOAoB5YwroW9lfIe04yjTS1vQ/BmX54ntZOSd146uz0tlq+mceTIATkkx8QjF6RMbkiFVAknj+SZvJI358l5cd6dj0nrgjOd2SN/4Hz+ACGrl0I=</latexit>

✓̄eff 6= 0

 This is the axion quality problem.

Other questions: What about beyond the dilute instanton gas approximation? 

    What if  there exist local minima with                   ?  

<latexit sha1_base64="A8HfG48yGVRkOi7BQKyO2F3kTaM=">AAACAnicbVDJSgNBEO1xjXGLehIvjUHwFGbE7Rj04jGCWSATQk+nJmnS0zN21whhCF78FS8eFPHqV3jzb+wsB018UPB4r4qqekEihUHX/XYWFpeWV1Zza/n1jc2t7cLObs3EqeZQ5bGMdSNgBqRQUEWBEhqJBhYFEupB/3rk1x9AGxGrOxwk0IpYV4lQcIZWahf2/YDpzMceIBu2MwjDIfUV3FO3XSi6JXcMOk+8KSmSKSrtwpffiXkagUIumTFNz02wlTGNgksY5v3UQMJ4n3WhaaliEZhWNn5hSI+s0qFhrG0ppGP190TGImMGUWA7I4Y9M+uNxP+8ZorhZSsTKkkRFJ8sClNJMaajPGhHaOAoB5YwroW9lfIe04yjTS1vQ/BmX54ntZOSd146uz0tlq+mceTIATkkx8QjF6RMbkiFVAknj+SZvJI358l5cd6dj0nrgjOd2SN/4Hz+ACGrl0I=</latexit>

✓̄eff 6= 0
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In order to  address these questions and understand how  deep and profound the story is,  let us 
start by showing that  QCD already contains an axion, albeit of poor quality. 

This axion is the       -meson.

<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0

 Consider QCD with massless (or light) quarks. It exhibits axial symmetry 
<latexit sha1_base64="UGCJNbkpqmQ1mw70qKaU/lqytOM=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRahXsqu+HWsevFYwW0L7VKyabaNzSZLkhXK0v/gxYMiXv0/3vw3pu0etPpg4PHeDDPzwoQzbVz3yyksLa+srhXXSxubW9s75d29ppapItQnkkvVDrGmnAnqG2Y4bSeK4jjktBWObqZ+65EqzaS4N+OEBjEeCBYxgo2Vmn7VO+5d9coVt+bOgP4SLycVyNHolT+7fUnSmApDONa647mJCTKsDCOcTkrdVNMEkxEe0I6lAsdUB9ns2gk6skofRVLZEgbN1J8TGY61Hseh7YyxGepFbyr+53VSE10GGRNJaqgg80VRypGRaPo66jNFieFjSzBRzN6KyBArTIwNqGRD8BZf/kuaJzXvvHZ2d1qpX+dxFOEADqEKHlxAHW6hAT4QeIAneIFXRzrPzpvzPm8tOPnMPvyC8/ENKDeONw==</latexit>

U(1)A
<latexit sha1_base64="zIIEuYUEFfdEWL6BR3M5COXXvlg="></latexit>

 i ! e�i 1
2↵�5 i i = 1, 2, ...Nf .

 In real world                
<latexit sha1_base64="EiF7jHwzdvQtY9NtViXrjdnDslo=">AAAB73icbVDLSgNBEOyNrxhfUY9eBoPgKez6vghBL54kgnlAEsLspDcZMju7zswKYclPePGgiFd/x5t/4yTZg0YLGoqqbrq7/FhwbVz3y8ktLC4tr+RXC2vrG5tbxe2duo4SxbDGIhGppk81Ci6xZrgR2IwV0tAX2PCH1xO/8YhK80jem1GMnZD2JQ84o8ZKTXLbDcglOe4WS27ZnYL8JV5GSpCh2i1+tnsRS0KUhgmqdctzY9NJqTKcCRwX2onGmLIh7WPLUklD1J10eu+YHFilR4JI2ZKGTNWfEykNtR6Fvu0MqRnoeW8i/ue1EhNcdFIu48SgZLNFQSKIicjkedLjCpkRI0soU9zeStiAKsqMjahgQ/DmX/5L6kdl76x8endSqlxlceRhD/bhEDw4hwrcQBVqwEDAE7zAq/PgPDtvzvusNedkM7vwC87HNxlojrc=</latexit>

Nf = 3
<latexit sha1_base64="5H8c1hovCwlMMl3R7G5Vfb4Pa1Q=">AAAB+HicbVDJSgNBEK2JW4xLRj16aQyChxBmxO0iBL14jGAWSIahp6cnadKz0IsQh3yJFw+KePVTvPk3dpaDJj4oeLxXRVW9IONMKsf5tgorq2vrG8XN0tb2zm7Z3ttvyVQLQpsk5anoBFhSzhLaVExx2skExXHAaTsY3k789iMVkqXJgxpl1ItxP2ERI1gZybfLqJdJ5jN0jXQ1rErfrjg1Zwq0TNw5qcAcDd/+6oUp0TFNFOFYyq7rZMrLsVCMcDou9bSkGSZD3KddQxMcU+nl08PH6NgoIYpSYSpRaKr+nshxLOUoDkxnjNVALnoT8T+vq1V05eUsybSiCZktijRHKkWTFFDIBCWKjwzBRDBzKyIDLDBRJquSCcFdfHmZtE5r7kXt/P6sUr+Zx1GEQziCE3DhEupwBw1oAgENz/AKb9aT9WK9Wx+z1oI1nzmAP7A+fwDu15H8</latexit>

 i = u, d, swith 3 light quarks 

However, let us keep the discussion generic with all quarks massless. 

Now, the axial  symmetry is spontaneously broken by the quark condensate 
<latexit sha1_base64="wn979eAMxKL9nfRyG4FkPBfiF6o=">AAACF3icbVC7TsMwFHXKq5RXgJHFokJiqhLeC1IFCwNDkehDakJ047qtVceJbAepivoXLPwKCwMIscLG3+C0HaBwJMtH59x77XvChDOlHefLKszNLywuFZdLK6tr6xv25lZDxakktE5iHstWCIpyJmhdM81pK5EUopDTZji4zP3mPZWKxeJWDxPqR9ATrMsIaCMFdsXjIHqcYi8EmXmJYqOA4fwOmCcn1jn2rs3EDtwdBnbZqThj4L/EnZIymqIW2J9eJyZpRIUmHJRqu06i/QykZoTTUclLFU2ADKBH24YKiKjys/FeI7xnlA7uxtIcofFY/dmRQaTUMApNZQS6r2a9XPzPa6e6e+ZnTCSppoJMHuqmHOsY5yHhDpOUaD40BIhk5q+Y9EEC0SbKkgnBnV35L2kcVNyTyvHNUbl6MY2jiHbQLtpHLjpFVXSFaqiOCHpAT+gFvVqP1rP1Zr1PSgvWtGcb/YL18Q13b595</latexit>

h ̄i ii = ⇤3

But, the corresponding massless (light) Nambu-Goldstone boson was nowhere  to be 
found.

This is the famous axial                   -problem. 
<latexit sha1_base64="UGCJNbkpqmQ1mw70qKaU/lqytOM=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRahXsqu+HWsevFYwW0L7VKyabaNzSZLkhXK0v/gxYMiXv0/3vw3pu0etPpg4PHeDDPzwoQzbVz3yyksLa+srhXXSxubW9s75d29ppapItQnkkvVDrGmnAnqG2Y4bSeK4jjktBWObqZ+65EqzaS4N+OEBjEeCBYxgo2Vmn7VO+5d9coVt+bOgP4SLycVyNHolT+7fUnSmApDONa647mJCTKsDCOcTkrdVNMEkxEe0I6lAsdUB9ns2gk6skofRVLZEgbN1J8TGY61Hseh7YyxGepFbyr+53VSE10GGRNJaqgg80VRypGRaPo66jNFieFjSzBRzN6KyBArTIwNqGRD8BZf/kuaJzXvvHZ2d1qpX+dxFOEADqEKHlxAHW6hAT4QeIAneIFXRzrPzpvzPm8tOPnMPvyC8/ENKDeONw==</latexit>

U(1)A
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This problem was solved by 't Hooft,  who understood that  the would-be Goldstone boson was 
getting mass from the             -anomaly through the instantons.

The resulting  potential for        (again in dilute instanton gas approximation) is: 

<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0
<latexit sha1_base64="PgpVzPIgx8GOrH+SDzyyje9+v9o="></latexit>

V (⌘0) = �⇤4 cos

✓
⌘0

f⌘
� ✓̄

◆

 which gives mass to  
<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0

 Interestingly, 't Hooft did not point out that simultaneously with 

generating this mass,  the        solves the strong-CP problem:                                                       

<latexit sha1_base64="w092URQbaw4lPDakfkPwJl8vbdI=">AAACAHicbVDJSgNBEO2JW4zbqAcPXhqD4CnMiNtFCHrxGMEskAmhp1OTNOlZ6K4RwjAXf8WLB0W8+hne/Bs7y0ETHxQ83quiqp6fSKHRcb6twtLyyupacb20sbm1vWPv7jV0nCoOdR7LWLV8pkGKCOooUEIrUcBCX0LTH96O/eYjKC3i6AFHCXRC1o9EIDhDI3XtA89nKvNwAMjybgZBkFN6TZ2uXXYqzgR0kbgzUiYz1Lr2l9eLeRpChFwyrduuk2AnYwoFl5CXvFRDwviQ9aFtaMRC0J1s8kBOj43So0GsTEVIJ+rviYyFWo9C33SGDAd63huL/3ntFIOrTiaiJEWI+HRRkEqKMR2nQXtCAUc5MoRxJcytlA+YYhxNZiUTgjv/8iJpnFbci8r5/Vm5ejOLo0gOyRE5IS65JFVyR2qkTjjJyTN5JW/Wk/VivVsf09aCNZvZJ39gff4A2ZGV6w==</latexit>

✓̄eff = 0

In other words, in QCD with massless quarks       is a full-fledged axion (G.D., '05, G.D., 
Jackiw, Pi '06). 

Unfortunately (or fortunately?), in the real world                  is also explicitly broken by 
quark masses.   Therefore,           cannot  enforce               

<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0
<latexit sha1_base64="w092URQbaw4lPDakfkPwJl8vbdI=">AAACAHicbVDJSgNBEO2JW4zbqAcPXhqD4CnMiNtFCHrxGMEskAmhp1OTNOlZ6K4RwjAXf8WLB0W8+hne/Bs7y0ETHxQ83quiqp6fSKHRcb6twtLyyupacb20sbm1vWPv7jV0nCoOdR7LWLV8pkGKCOooUEIrUcBCX0LTH96O/eYjKC3i6AFHCXRC1o9EIDhDI3XtA89nKvNwAMjybgZBkFN6TZ2uXXYqzgR0kbgzUiYz1Lr2l9eLeRpChFwyrduuk2AnYwoFl5CXvFRDwviQ9aFtaMRC0J1s8kBOj43So0GsTEVIJ+rviYyFWo9C33SGDAd63huL/3ntFIOrTiaiJEWI+HRRkEqKMR2nQXtCAUc5MoRxJcytlA+YYhxNZiUTgjv/8iJpnFbci8r5/Vm5ejOLo0gOyRE5IS65JFVyR2qkTjjJyTN5JW/Wk/VivVsf09aCNZvZJ39gff4A2ZGV6w==</latexit>

✓̄eff = 0

Thus, is a poor-quality axion!
<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0

<latexit sha1_base64="UGCJNbkpqmQ1mw70qKaU/lqytOM=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRahXsqu+HWsevFYwW0L7VKyabaNzSZLkhXK0v/gxYMiXv0/3vw3pu0etPpg4PHeDDPzwoQzbVz3yyksLa+srhXXSxubW9s75d29ppapItQnkkvVDrGmnAnqG2Y4bSeK4jjktBWObqZ+65EqzaS4N+OEBjEeCBYxgo2Vmn7VO+5d9coVt+bOgP4SLycVyNHolT+7fUnSmApDONa647mJCTKsDCOcTkrdVNMEkxEe0I6lAsdUB9ns2gk6skofRVLZEgbN1J8TGY61Hseh7YyxGepFbyr+53VSE10GGRNJaqgg80VRypGRaPo66jNFieFjSzBRzN6KyBArTIwNqGRD8BZf/kuaJzXvvHZ2d1qpX+dxFOEADqEKHlxAHW6hAT4QeIAneIFXRzrPzpvzPm8tOPnMPvyC8/ENKDeONw==</latexit>

U(1)A

<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0

<latexit sha1_base64="UGCJNbkpqmQ1mw70qKaU/lqytOM=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRahXsqu+HWsevFYwW0L7VKyabaNzSZLkhXK0v/gxYMiXv0/3vw3pu0etPpg4PHeDDPzwoQzbVz3yyksLa+srhXXSxubW9s75d29ppapItQnkkvVDrGmnAnqG2Y4bSeK4jjktBWObqZ+65EqzaS4N+OEBjEeCBYxgo2Vmn7VO+5d9coVt+bOgP4SLycVyNHolT+7fUnSmApDONa647mJCTKsDCOcTkrdVNMEkxEe0I6lAsdUB9ns2gk6skofRVLZEgbN1J8TGY61Hseh7YyxGepFbyr+53VSE10GGRNJaqgg80VRypGRaPo66jNFieFjSzBRzN6KyBArTIwNqGRD8BZf/kuaJzXvvHZ2d1qpX+dxFOEADqEKHlxAHW6hAT4QeIAneIFXRzrPzpvzPm8tOPnMPvyC8/ENKDeONw==</latexit>

U(1)A

<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0
the vacuum relaxes to
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            The lessons we learn from   are extremely important: 

   

            The mass of      represents an experimental proof  of the  existence of the 

            -vacuum. 

    

             illustrates the reality of the axion dynamics:       

           would be an exact quality axion, if at least one quark would be massless. 

    

 

           Since quarks are massive, there must exist a good-quality axion. 


<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0

<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0

<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0
<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0

<latexit sha1_base64="q3u8eOnKuaxHNMAazvqBXgKIksc=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKr2PQi8cIxgSSJcxOepMhsw9meoUQ8hFePCji1e/x5t84SfagiQUNRVU33V1BqqQh1/12Ciura+sbxc3S1vbO7l55/+DRJJkW2BCJSnQr4AaVjLFBkhS2Uo08ChQ2g+Ht1G8+oTYyiR9olKIf8X4sQyk4WanJOjRA4t1yxa26M7Bl4uWkAjnq3fJXp5eILMKYhOLGtD03JX/MNUmhcFLqZAZTLoa8j21LYx6h8cezcyfsxCo9FibaVkxspv6eGPPImFEU2M6I08AselPxP6+dUXjtj2WcZoSxmC8KM8UoYdPfWU9qFKRGlnChpb2ViQHXXJBNqGRD8BZfXiaPZ1Xvsnpxf16p3eRxFOEIjuEUPLiCGtxBHRogYAjP8ApvTuq8OO/Ox7y14OQzh/AHzucP/WWPXA==</latexit>

✓

In order to gain a wider perspective, we shall switch to the description based on 
most fundamental aspects of  QFT. 
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There exist a powerful QFT language for describing  the story.

  Let us ask the following question. QCD is a theory with a mass gap.  How,  in such a 
theory, can the boundary term be locally-observable? 
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The answer is that there exist a long-range correlator  that brings the message from the boundary. 
This is the so-called topological susceptibility of the vacuum (TSV): 

<latexit sha1_base64="dYhM1BRQ+3pkJEPaZf2RFDpj+6Q="></latexit>

hGG̃,GG̃ip!0 ⌘ lim
p!0

Z
d4x eipx hT [GG̃(x), GG̃(0)]i = const 6= 0,

 The job of the instantons boils down to creating the above correlator. Any other way of 
describing it, e.g., via the glueball tower (Witten '80, Veneziano '80) does the same job.   

This fact liberates us from the need of knowing the details of sub-structure and endows 
us with the full power of EFT.  

In particular, this language allows to  understand the solution of strong-CP  by axion 

(or  by    in case of massless quark)  as well as  the generation of their masses, without relying 
on the accuracy  of the instanton calculus.  


<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0
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<latexit sha1_base64="m+fm6W9bss/GiW57OGphn7cvnp0="></latexit>

hC,Ci = 1

p2
+

X

m 6=0

⇢(m2)

p2 �m2

<latexit sha1_base64="Q6ycNtbjRrtpwztr0Qb15l3jvG8="></latexit>

Cµ⌫↵ ⌘ tr(A[µ@⌫A↵] +
2

3
A[µA⌫A↵])

<latexit sha1_base64="j5EMZG8YU+o6cghsYkTNQz+B0pI="></latexit>

GG̃ = ✏↵�µ⌫@↵C�µ⌫

 -vacuum = non-zero topological susceptibility of the vacuum
<latexit sha1_base64="q3u8eOnKuaxHNMAazvqBXgKIksc=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKr2PQi8cIxgSSJcxOepMhsw9meoUQ8hFePCji1e/x5t84SfagiQUNRVU33V1BqqQh1/12Ciura+sbxc3S1vbO7l55/+DRJJkW2BCJSnQr4AaVjLFBkhS2Uo08ChQ2g+Ht1G8+oTYyiR9olKIf8X4sQyk4WanJOjRA4t1yxa26M7Bl4uWkAjnq3fJXp5eILMKYhOLGtD03JX/MNUmhcFLqZAZTLoa8j21LYx6h8cezcyfsxCo9FibaVkxspv6eGPPImFEU2M6I08AselPxP6+dUXjtj2WcZoSxmC8KM8UoYdPfWU9qFKRGlnChpb2ViQHXXJBNqGRD8BZfXiaPZ1Xvsnpxf16p3eRxFOEIjuEUPLiCGtxBHRogYAjP8ApvTuq8OO/Ox7y14OQzh/AHzucP/WWPXA==</latexit>

✓

where the Chern-Simons 3-form: 

Thus, the non-zero topological susceptibility =  massless pole in  Kallen-Lehmann spectral 
representation: 

<latexit sha1_base64="P+/vICjULeMVSUNg0CrC9tWWIqk="></latexit>

hGG̃,GG̃ip!0 = const 6= 0,

 We recall that 
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<latexit sha1_base64="m+fm6W9bss/GiW57OGphn7cvnp0="></latexit>

hC,Ci = 1

p2
+

X

m 6=0

⇢(m2)

p2 �m2

Thus, in order to solve strong-CP, the massless pole in the Chern-Simons correlator

must be eliminated. 

By gauge invariance, this requires the existence of a pseudo-scalar that gets 
its mass from topological susceptibility of the vacuum.  

<latexit sha1_base64="oEoIN6JsnrDdj7r85dB+LeBlQDQ="></latexit>

L =
g2

16⇡2

a

fa
GG̃

 This pseudo-scalar is the axion 
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<latexit sha1_base64="vY3+lJHHUyzvPHiRC+alPS0GwLM="></latexit>

FThGG̃(x) GG̃(0)ip!0 / p2

p2 �m2

����
p!0

= 0,

With axion (of exact quality) the massless pole in the topological susceptibility is removed and the 
correlator vanishes

       mass of the axion

In Peccei-Quinn scenario,  axion is an elementary pseudo-scalar. 

<latexit sha1_base64="05LA5lMM+nMzz0giJtRM0UAjI5w=">AAACBHicbVC7TsMwFHXKq4RXgLGLRYVgoUoQrwWpgoWxSPQhtVHluLetVceJbAdRRR1Y+BUWBhBi5SPY+BvcNgO0HMnSuefcq+t7gpgzpV3328otLC4tr+RX7bX1jc0tZ3unpqJEUqjSiEeyERAFnAmoaqY5NGIJJAw41IPB9div34NULBJ3ehiDH5KeYF1GiTZS2ylgbNvYgDyY+hK3QJODoxBUJHDbKboldwI8T7yMFFGGStv5anUimoQgNOVEqabnxtpPidSMchjZrURBTOiA9KBpqCBmj59OjhjhfaN0cDeS5gmNJ+rviZSESg3DwHSGRPfVrDcW//Oaie5e+CkTcaJB0OmibsKxjvA4EdxhEqjmQ0MIlcz8FdM+kYRqk5ttQvBmT54nteOSd1Y6vT0plq+yOPKogPbQIfLQOSqjG1RBVUTRI3pGr+jNerJerHfrY9qas7KZXfQH1ucPF72VPw==</latexit>

axion = ⌘0 �meson

  However, in case of a massless quark: 

(This can be viewed as 3-form Higgs effect: 0+1=1  G.D.'05 )
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 The axion quality problem justifies an alternative (exact quality) formulation of axion: 

                                         

                                       The Gauge Axion   (G.D., '05). 

In this formulation axion is introduced as intrinsic part of QCD gauge redundancy, without need of any 

global symmetry. 

<latexit sha1_base64="lITiHiELfnxUPFYMnE6yEfV3REY="></latexit>

Aµ ! U(x)AµU
†(x) + U@µU

†
<latexit sha1_base64="QSu6xhkc9wG51ymCr5Zn22MbaJM=">AAACEXicbVC5TsNAEF1zBnMZKGlWRJFCQWQjrjKChjJIuaRcWm8mySrrg911RGTlF2j4FRoKEKKlo+NvWCcuIOFJIz29N6OZeW7ImVS2/W0sLa+srq1nNszNre2dXWtvvyqDSFCo0IAHou4SCZz5UFFMcaiHAojncqi5w5vEr41ASBb4ZTUOoeWRvs96jBKlpY6Vx9g0Ma7kH45xE+4jNsLQjk9YM/CgT7Tadsttd4LNjpW1C/YUeJE4KcmiFKWO9dXsBjTywFeUEykbjh2qVkyEYpTDxGxGEkJCh6QPDU194oFsxdOPJjinlS7uBUKXr/BU/T0RE0/KsacPy3lEDeS8l4j/eY1I9a5aMfPDSIFPZ4t6EccqwEk8uMsEUMXHmhAqmL4V0wERhCodYhKCM//yIqmeFpyLwvndWbZ4ncaRQYfoCOWRgy5REd2iEqogih7RM3pFb8aT8WK8Gx+z1iUjnTlAf2B8/gBHAZo6</latexit>

U(x) ⌘ e�i!(x)bT b

<latexit sha1_base64="VMv9wPv/mex7TE75K89ngYjMscY="></latexit>

Bµ⌫ ! Bµ⌫ +
1

fa
⌦µ⌫ ,

<latexit sha1_base64="8FzKnT+IzCSYCNd0QGrCv5e+/YY="></latexit>

Cµ⌫� ! Cµ⌫� + @[µ⌦⌫�]

Under the QCD gauge redundancy gluons transform as:

The Chern-Simons 3-form shift as:  

<latexit sha1_base64="QbZuCo+gyfNi6kflUdzFilMBKMY=">AAACInicbVDLSsNAFJ34Nr6qLt0MFsGNJRGfO2k3LitYFZoQbqaTduhkEmYmQgn5Fjf+ihsXiroS/BgnbRZqPTBwOOdc7twTppwp7Tif1szs3PzC4tKyvbK6tr5R29y6UUkmCe2QhCfyLgRFORO0o5nm9C6VFOKQ09tw2Cr923sqFUvEtR6l1I+hL1jECGgjBbVzjG0bY9wKci/OPJF5IdVQ4AMcBeClIDUDHuRdYxZNk6kCfmEHtbrTcMbA08StSB1VaAe1d6+XkCymQhMOSnVdJ9V+Xq4gnBa2lymaAhlCn3YNFRBT5efjEwu8Z5QejhJpntB4rP6cyCFWahSHJhmDHqi/Xin+53UzHZ35ORNppqkgk0VRxrFOcNkX7jFJieYjQ4BIZv6KyQAkEG1aLUtw/548TW4OG+5J4/jqqH7RrOpYQjtoF+0jF52iC3SJ2qiDCHpAT+gFvVqP1rP1Zn1MojNWNbONfsH6+gbAkqK1</latexit>

Cµ⌫� � fa@[µB⌫�]

Thus, the axion appears as organic part of QCD, which enters the Lagrangian through the 
following (unique) gauge invariant: 

where

 The axion emerges as a 2-form 
(Stuckelberg) field of this redundancy: 

This guarantees the exact solution of  strong-CP! 
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<latexit sha1_base64="l5IDip0/XE/SYX6nZ33ioCerAWk=">AAACHXicbVDLSsNAFJ3UV42vqEs3g0WooCUp9bERSrtx4aKCfUDTlsl00g6dPJiZCCXkR9z4K25cKOLCjfg3TtostHpgLodz7uXOPU7IqJCm+aXllpZXVtfy6/rG5tb2jrG71xJBxDFp4oAFvOMgQRj1SVNSyUgn5AR5DiNtZ1JP/fY94YIG/p2chqTnoZFPXYqRVNLAqECo61DhBton8CottssRjq0kdgeoX06K9VQ8TYsShrXjfnlgFMySOQP8S6yMFECGxsD4sIcBjjziS8yQEF3LDGUvRlxSzEii25EgIcITNCJdRX3kEdGLZ9cl8EgpQ+gGXD1fwpn6cyJGnhBTz1GdHpJjseil4n9eN5LuZS+mfhhJ4uP5IjdiUAYwjQoOKSdYsqkiCHOq/grxGKlwpApUVyFYiyf/Ja1yyTovnd1WCtVaFkceHIBDUAQWuABVcA0aoAkweABP4AW8ao/as/amvc9bc1o2sw9+Qfv8Bp5znCY=</latexit>

L =
1

f2
a

(C � fadB)2

The lowest order term:

This removes the massless pole in the  3-form propagator and makes the topological 
susceptibility of the vacuum zero, thereby eliminating theta-vacua.

     This is a 3-form version of the Higgs effect:   0 + 1 = 1

<latexit sha1_base64="EljQOWwot5D1x6Imz2OcZkB/pUM=">AAACAHicbVDLSsNAFJ3UV42vqAsXbgaL4Kok4msjFN24rGAf0IQymU7boZNJmLkRSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nTATX4LrfVmlpeWV1rbxub2xube84u3tNHaeKsgaNRazaIdFMcMkawEGwdqIYiULBWuHoduK3HpnSPJYPME5YEJGB5H1OCRip6xxgbNsYYz8kKvNhyIDk+Bq7XafiVt0p8CLxClJBBepd58vvxTSNmAQqiNYdz00gyIgCTgXLbT/VLCF0RAasY6gkEdNBNn0gx8dG6eF+rExJwFP190RGIq3HUWg6IwJDPe9NxP+8Tgr9qyDjMkmBSTpb1E8FhhhP0sA9rhgFMTaEUMXNrZgOiSIUTGa2CcGbf3mRNE+r3kX1/P6sUrsp4iijQ3SETpCHLlEN3aE6aiCKcvSMXtGb9WS9WO/Wx6y1ZBUz++gPrM8fuq2T9w==</latexit>

✓̄ = 0

By the power of gauge redundancy, the gauge axion scenario predicts 

 to all orders in operator expansion  (G.D., '05, '22; Sakhelashvili '21)  

Any experimental indication of EDMN will be a signal of new physics 
beyond the Standard Model.
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Gravity sheds the whole new light at    - vacua 
<latexit sha1_base64="q3u8eOnKuaxHNMAazvqBXgKIksc=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKr2PQi8cIxgSSJcxOepMhsw9meoUQ8hFePCji1e/x5t84SfagiQUNRVU33V1BqqQh1/12Ciura+sbxc3S1vbO7l55/+DRJJkW2BCJSnQr4AaVjLFBkhS2Uo08ChQ2g+Ht1G8+oTYyiR9olKIf8X4sQyk4WanJOjRA4t1yxa26M7Bl4uWkAjnq3fJXp5eILMKYhOLGtD03JX/MNUmhcFLqZAZTLoa8j21LYx6h8cezcyfsxCo9FibaVkxspv6eGPPImFEU2M6I08AselPxP6+dUXjtj2WcZoSxmC8KM8UoYdPfWU9qFKRGlnChpb2ViQHXXJBNqGRD8BZfXiaPZ1Xvsnpxf16p3eRxFOEIjuEUPLiCGtxBHRogYAjP8ApvTuq8OO/Ox7y14OQzh/AHzucP/WWPXA==</latexit>

✓

(G.D., Gomez, Zell ' 18, G.D., '22,  G.D., Kobakhidze, Sakhelashvili ' 24)

 The reason:  the valid vacuum of gravity is Minkowski. 


 (Or a weaker version:  If there exist other vacua, they must not be  obtainable from 

Minkowski by continuous deformations of parameters.)   

This is justified by number of considerations: 


 1) S-matrix formulation of gravity (G.D., Comez'13, ..., G.D. '20) 

 2) Inconsistencies with de Sitter (G.D., Gomez '13,'14, + Zell '17)  and Minkowski to AdS 
transitions (G.D., '11)

 3) BRTS quantization of gravity  (Berezhiani, G.D., Sakhelashvili '24)

We shall refer to this as Minkowski criterion. 

Gravity 
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<latexit sha1_base64="d1QDQRXR6YswBhdNKBBgYVbXax4=">AAACInicbVDLSgMxFM3UVx1fVZdugkWooGVGfO6KIrisYB/QKSWTpm1oZjIkdwplmG9x46+4caGoK8GPMX0stPVA4HDOvdyc40eCa3CcLyuzsLi0vJJdtdfWNza3cts7VS1jRVmFSiFV3SeaCR6yCnAQrB4pRgJfsJrfvxn5tQFTmsvwAYYRawakG/IOpwSM1MpdYWzbeILbVjIgNMUFD3oMyCH2jrAXKRmBHNFj7FGpk4mZ4lYu7xSdMfA8cackj6Yot3IfXlvSOGAhUEG0brhOBM2EKOBUsNT2Ys0iQvukyxqGhiRgupmMI6b4wCht3JHKvBDwWP29kZBA62Hgm8mAQE/PeiPxP68RQ+eymfAwioGFdHKoEwtsMo/6wm2uGAUxNIRQxc1fMe0RRSiYVm1TgjsbeZ5UT4ruefHs/jRfup7WkUV7aB8VkIsuUAndoTKqIIoe0TN6RW/Wk/VivVufk9GMNd3ZRX9gff8AIQqf5A==</latexit>

Evac(✓) / � cos ✓

 As we already explained in QCD, the vacuum energy is a periodic function of theta, with 
global minimum at (Vafa, Witten '84) 

<latexit sha1_base64="g4VLf9Q365pGD2iARwc5EH6zoqU=">AAAB/HicbVDLSsNAFJ3UV42vaJduBovgqiTiayMU3bisYB/QhjKZTtqhk0mYuRFCqb/ixoUibv0Qd/6NkzYLbT1w4XDOvdx7T5AIrsF1v63Syura+kZ5097a3tndc/YPWjpOFWVNGotYdQKimeCSNYGDYJ1EMRIFgrWD8W3utx+Z0jyWD5AlzI/IUPKQUwJG6jsVjG0b5+jBiAHB19jtO1W35s6Al4lXkCoq0Og7X71BTNOISaCCaN313AT8CVHAqWBTu5dqlhA6JkPWNVSSiGl/Mjt+io+NMsBhrExJwDP198SERFpnUWA6IwIjvejl4n9eN4Xwyp9wmaTAJJ0vClOBIcZ5EnjAFaMgMkMIVdzciumIKELB5GWbELzFl5dJ67TmXdTO78+q9ZsijjI6REfoBHnoEtXRHWqgJqIoQ8/oFb1ZT9aL9W59zFtLVjFTQX9gff4AkEGRhg==</latexit>

✓ = 0
E.g., in dilute instanton gass approximation: 

Since vacua are not degenerate, only one of them can be Minkowski (even at the expense of fine tuning). 

Correspondingly only one of them can satisfy the  Minkowski criterion.   

 We thus arrive to the conclusion that gravity demands theta to be unphysical. 

In summary:  gravity necessitates the existence of exact quality axion per 
each gauge sector with topologically non-trivial vacuum. 

Minkowski criterion is incompatible with the existence of     - vacua in any sector of the theory.  
<latexit sha1_base64="q3u8eOnKuaxHNMAazvqBXgKIksc=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKr2PQi8cIxgSSJcxOepMhsw9meoUQ8hFePCji1e/x5t84SfagiQUNRVU33V1BqqQh1/12Ciura+sbxc3S1vbO7l55/+DRJJkW2BCJSnQr4AaVjLFBkhS2Uo08ChQ2g+Ht1G8+oTYyiR9olKIf8X4sQyk4WanJOjRA4t1yxa26M7Bl4uWkAjnq3fJXp5eILMKYhOLGtD03JX/MNUmhcFLqZAZTLoa8j21LYx6h8cezcyfsxCo9FibaVkxspv6eGPPImFEU2M6I08AselPxP6+dUXjtj2WcZoSxmC8KM8UoYdPfWU9qFKRGlnChpb2ViQHXXJBNqGRD8BZfXiaPZ1Xvsnpxf16p3eRxFOEIjuEUPLiCGtxBHRogYAjP8ApvTuq8OO/Ox7y14OQzh/AHzucP/WWPXA==</latexit>

✓
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We now apply the same reasoning to the      -vacuum of GR, which originates from 

Eguchi-Hanson instantons with the following metric:  

<latexit sha1_base64="uomkHhwkkqLFjX1UyUOg7/4XlyM="></latexit>

ds2 =

✓
1� a4

r4

◆�1

dr2 + r2
�
�2
x + �2

y

�
+ r2

✓
1� a4

r4

◆
�2
z ,

There are two topological invariants. The Euler characteristics: 
<latexit sha1_base64="kguIPMU4svZFteQ2zTWFT+zw4tw="></latexit>

� =
1

8⇡2

Z
d4x

p
g
�
R2 � 4R2

µ⌫ +R2
µ⌫↵�

�
+ bound.terms = 2.

<latexit sha1_base64="P8ozz8zRnOTTfqBrD/hjTekF6qk="></latexit>

R̃R = ✏µ⌫↵�R
�µ⌫R

�
↵�

<latexit sha1_base64="HaVWtMhLQ9TFOc3KMy+VZpmBWW8="></latexit>

⌧ = � 1

24⇡2

Z
d4xRR̃ = 1.

and gravitational Pontryagin index: 

<latexit sha1_base64="q3u8eOnKuaxHNMAazvqBXgKIksc=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKr2PQi8cIxgSSJcxOepMhsw9meoUQ8hFePCji1e/x5t84SfagiQUNRVU33V1BqqQh1/12Ciura+sbxc3S1vbO7l55/+DRJJkW2BCJSnQr4AaVjLFBkhS2Uo08ChQ2g+Ht1G8+oTYyiR9olKIf8X4sQyk4WanJOjRA4t1yxa26M7Bl4uWkAjnq3fJXp5eILMKYhOLGtD03JX/MNUmhcFLqZAZTLoa8j21LYx6h8cezcyfsxCo9FibaVkxspv6eGPPImFEU2M6I08AselPxP6+dUXjtj2WcZoSxmC8KM8UoYdPfWU9qFKRGlnChpb2ViQHXXJBNqGRD8BZfXiaPZ1Xvsnpxf16p3eRxFOEIjuEUPLiCGtxBHRogYAjP8ApvTuq8OO/Ox7y14OQzh/AHzucP/WWPXA==</latexit>

✓

      -vacuum of gravity and evidence for supersymmetry 
<latexit sha1_base64="q3u8eOnKuaxHNMAazvqBXgKIksc=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKr2PQi8cIxgSSJcxOepMhsw9meoUQ8hFePCji1e/x5t84SfagiQUNRVU33V1BqqQh1/12Ciura+sbxc3S1vbO7l55/+DRJJkW2BCJSnQr4AaVjLFBkhS2Uo08ChQ2g+Ht1G8+oTYyiR9olKIf8X4sQyk4WanJOjRA4t1yxa26M7Bl4uWkAjnq3fJXp5eILMKYhOLGtD03JX/MNUmhcFLqZAZTLoa8j21LYx6h8cezcyfsxCo9FibaVkxspv6eGPPImFEU2M6I08AselPxP6+dUXjtj2WcZoSxmC8KM8UoYdPfWU9qFKRGlnChpb2ViQHXXJBNqGRD8BZfXiaPZ1Xvsnpxf16p3eRxFOEIjuEUPLiCGtxBHRogYAjP8ApvTuq8OO/Ox7y14OQzh/AHzucP/WWPXA==</latexit>

✓
(G.D., Kobakhidze and Sakhelashvili '24) 
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<latexit sha1_base64="r2Kk2SbgF7SXSWeGV7R11Vq82PQ=">AAAB/nicbVDLSsNAFL2pr1pfUXHlZrAILiQk4msjFEXosqJ9QBvCZDpph04ezEyEEgr+ihsXirj1O9z5N07bLLT1wB0O59zLvXP8hDOpbPvbKCwsLi2vFFdLa+sbm1vm9k5DxqkgtE5iHouWjyXlLKJ1xRSnrURQHPqcNv3BzdhvPlIhWRw9qGFC3RD3IhYwgpWWPHMPoXsvu62OUOcYXenH1mV5Ztm27AnQPHFyUoYcNc/86nRjkoY0UoRjKduOnSg3w0Ixwumo1EklTTAZ4B5taxrhkEo3m5w/Qoda6aIgFroihSbq74kMh1IOQ193hlj15aw3Fv/z2qkKLt2MRUmqaESmi4KUIxWjcRaoywQlig81wUQwfSsifSwwUTqxkg7Bmf3yPGmcWM65dXZ3Wq5c53EUYR8O4AgcuIAKVKEGdSCQwTO8wpvxZLwY78bHtLVg5DO78AfG5w+axpKx</latexit>

SEH = 0 .

<latexit sha1_base64="tThFb7RyTYdZztjn9LIKNbhvQxc=">AAACD3icbVDLSsNAFJ34rPUVdelmsCgupCTF10Yo6sJlRfuAJpTJ9KYdOnkwMxFKyB+48VfcuFDErVt3/o2TtgttPTCXwzn3cuceL+ZMKsv6NubmFxaXlgsrxdW19Y1Nc2u7IaNEUKjTiEei5REJnIVQV0xxaMUCSOBxaHqDq9xvPoCQLArv1TAGNyC9kPmMEqWljnmAsXMNXBF85xzhC6wLzYvjC0JTh/ZZllYyp2OWrLI1Ap4l9oSU0AS1jvnldCOaBBAqyomUbduKlZsSoRjlkBWdREJM6ID0oK1pSAKQbjq6J8P7WuliPxL6hQqP1N8TKQmkHAae7gyI6stpLxf/89qJ8s/dlIVxoiCk40V+wrGKcB4O7jIBVPGhJoQKpv+KaZ/oJJSOsKhDsKdPniWNStk+LZ/cHpeql5M4CmgX7aFDZKMzVEU3qIbqiKJH9Ixe0ZvxZLwY78bHuHXOmMzsoD8wPn8AwWGaCA==</latexit>

�S = c
�

2

<latexit sha1_base64="BRyD+WactPCCE8qWiRB3PXqR1IE=">AAAB/XicbVDLSsNAFJ34rPUVHzs3g0VwY0nE17LoQpcV7AOaWG6mk3boTBJmJkINxV9x40IRt/6HO//GaZuFth64cDjnXu69J0g4U9pxvq25+YXFpeXCSnF1bX1j097arqs4lYTWSMxj2QxAUc4iWtNMc9pMJAURcNoI+lcjv/FApWJxdKcHCfUFdCMWMgLaSG17F2PvGoQA7CkmML3PjsiwbZecsjMGniVuTkooR7Vtf3mdmKSCRppwUKrlOon2M5CaEU6HRS9VNAHShy5tGRqBoMrPxtcP8YFROjiMpalI47H6eyIDodRABKZTgO6paW8k/ue1Uh1e+BmLklTTiEwWhSnHOsajKHCHSUo0HxgCRDJzKyY9kEC0CaxoQnCnX54l9eOye1Y+vT0pVS7zOApoD+2jQ+Sic1RBN6iKaoigR/SMXtGb9WS9WO/Wx6R1zspndtAfWJ8/xrWULA==</latexit>

� ⇠ e�c

<latexit sha1_base64="BTWxoPCkbG9BlPH3b6S4HuYJcV4=">AAACGnicbVDLSsNAFJ34rPVVdelmsAh1U5Lia1l040Khgn1AE8NkMmmHTh7M3Agl5Dvc+CtuXCjiTtz4N04fC209cOFwzr0z9x4vEVyBaX4bC4tLyyurhbXi+sbm1nZpZ7el4lRS1qSxiGXHI4oJHrEmcBCsk0hGQk+wtje4HPntByYVj6M7GCbMCUkv4gGnBLTkliyMqa14aAsWQMUOJKHZjZslIs8z+1q/4xM368k8tyXv9eHovuaWymbVHAPPE2tKymiKhlv6tP2YpiGLgAqiVNcyE3AyIoFTwfKinSqWEDogPdbVNCIhU042Pi3Hh1rxcRBLXRHgsfp7IiOhUsPQ050hgb6a9Ubif143heDcyXiUpMAiOvkoSAWGGI9ywj6XjIIYakKo5HpXTPtExwM6zaIOwZo9eZ60alXrtHpye1yuX0zjKKB9dIAqyEJnqI6uUAM1EUWP6Bm9ojfjyXgx3o2PSeuCMZ3ZQ39gfP0A+wihfg==</latexit>

c ⇠
✓
Mpl

⇤gr

◆2

Notice that in pure GR, the EH instanton  has zero action

The GB-term has to be added to the Euclidean action

The transition rate then becomes 

<latexit sha1_base64="/ukVfvgZ09f5qufla/hZAKNPMsk=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69LBbBU0nEr2PRi8cK1hbSUDbbTbp0swm7E6GU/gwvHhTx6q/x5r9x2+agrQ8GHu/NMDMvzKQw6LrfTmlldW19o7xZ2dre2d2r7h88mjTXjLdYKlPdCanhUijeQoGSdzLNaRJK3g6Ht1O//cS1Eal6wFHGg4TGSkSCUbSSTywY6cYx8XrVmlt3ZyDLxCtIDQo0e9Wvbj9lecIVMkmN8T03w2BMNQom+aTSzQ3PKBvSmPuWKppwE4xnJ0/IiVX6JEq1LYVkpv6eGNPEmFES2s6E4sAselPxP8/PMboOxkJlOXLF5ouiXBJMyfR/0heaM5QjSyjTwt5K2IBqytCmVLEheIsvL5PHs7p3Wb+4P681boo4ynAEx3AKHlxBA+6gCS1gkMIzvMKbg86L8+58zFtLTjFzCH/gfP4AduOPcA==</latexit>

c � 1The validity of EFT demands: 

The parameter  c encodes  information about the cutoff scale:
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<latexit sha1_base64="9legHkebZ2jCY+niqjgwmELS2rk="></latexit>

FThR̃R(x) R̃R(0)ip!0 6= 0

<latexit sha1_base64="5H/ARa4xjoKiI3z4PN/Mr9KWACM=">AAACGnicbVDLSgNBEJz1bXxFPXoZDIKnsBvi4yKIXjxqTEwgG8PsbG8yOPtgplcMy36HF3/FiwdFvIkX/8ZJzEGNBQ1FVTfdXV4ihUbb/rSmpmdm5+YXFgtLyyura8X1jSsdp4pDg8cyVi2PaZAiggYKlNBKFLDQk9D0bk6HfvMWlBZxVMdBAp2Q9SIRCM7QSN2iQw0u6ZEbKMYzF/uALM8qVTcR15XcFRFS/7p6R2tuXUgfslreLZbssj0CnSTOmJTIGOfd4rvrxzwNIUIumdZtx06wkzGFgkvIC26qIWH8hvWgbWjEQtCdbPRaTneM4tMgVqbMLSP150TGQq0HoWc6Q4Z9/dcbiv957RSDw04moiRFiPj3oiCVFGM6zIn6QgFHOTCEcSXMrZT3mQkJTZoFE4Lz9+VJclUpO/vlvYtq6fhkHMcC2SLbZJc45IAckzNyThqEk3vySJ7Ji/VgPVmv1tt365Q1ntkkv2B9fAHUkp+T</latexit>

S =
✓

24⇡2

Z
d4xRR̃

EH instanton is a fully trustable configuration mediating vacuum transitions and 
generating the topological susceptibility of the gravitational vacuum 

This creates a gravitational analog of theta-vacua

The energy of the ground state depends on theta.  Thus, starting  from a ``naive" semi-
classical Minkowski vacuum, we obtained a landscape of theta-vacua.

 This is incompatible with the Minkowski  criterion.  Thus, gravity requires a mechanism 
that eliminates theta-vacua. 

The physicality of the gravitational theta-term and the necessity to make 
it unphysical constitutes the gravity CP-problem. 
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Elimination of the gravitational theta-vacuum requires a fermion with chiral gravitational anomaly (regardless of 
elementary axion that couples via such a fermion) Delbourgo, Salam ’72  

<latexit sha1_base64="edvd5kEXPHAxeIKX/JrsOrnGkI8=">AAACGXicbVC7TsMwFHXKq5RXgJHFokJiqhJEgbGChbFUfUlNiBzHaQ1OYtkOUhX1N1j4FRYGEGKEib/BaTNAy5EsHZ1zr67P8TmjUlnWt1FaWl5ZXSuvVzY2t7Z3zN29rkxSgUkHJywRfR9JwmhMOooqRvpcEBT5jPT8+6vc7z0QIWkSt9WYEzdCw5iGFCOlJc+0YA6HI6EoYl7mROkE3nn12xlzuEi4SmDLaVMWkKw18cyqVbOmgIvELkgVFGh65qcTJDiNSKwwQ1IObIsrN8sPYkYmFSeVhCN8j4ZkoGmMIiLdbJpsAo+0EsAwEfrFCk7V3xsZiqQcR76ejJAayXkvF//zBqkKL9yMxjxVJMazQ2HKoM6a1wQDKghWbKwJwoLqv0I8QgJhpcus6BLs+ciLpHtSs89q9ZvTauOyqKMMDsAhOAY2OAcNcA2aoAMweATP4BW8GU/Gi/FufMxGS0axsw/+wPj6AUogn+8=</latexit>

@µj
µ
5 / RR̃

However, this role cannot be assumed by a spin-1/2 fermion.  The general index theorem  (Atiyah '75) 
states the absence of zero modes on the Eguchi-Hanson background for a spin-1/2 fermion.  This is 
confirmed by explicit computation of index in Eguchi-Hanson background which shows (Eguchi, Hanson, '78)

<latexit sha1_base64="EyXJtPRHTatu+8gfU3Ug/m6oVE0=">AAACGXicbZDLSgMxFIYz9VbrrerSTbAIFdoyI1bdFIpuXLZgL9ApJZNm2tBMZkjOCKX0Ndz4Km5cKOJSV76N6QXU1h8CP985h5Pze5HgGmz7y0qsrK6tbyQ3U1vbO7t76f2Dug5jRVmNhiJUTY9oJrhkNeAgWDNSjASeYA1vcDOpN+6Z0jyUdzCMWDsgPcl9TgkY1EnbeKJqp5iFksulD8NTN4fz2M3NWP4Hlgy0C510xi7YU+Fl48xNBs1V6aQ/3G5I44BJoIJo3XLsCNojooBTwcYpN9YsInRAeqxlrCQB0+3R9LIxPjGki/1QmScBT+nviREJtB4GnukMCPT1Ym0C/6u1YvCv2iMuoxiYpLNFfiwwhHgSE+5yxSiIoTGEKm7+immfKELBhJkyITiLJy+b+lnBuSgUq+eZ8vU8jiQ6Qscoixx0icroFlVQDVH0gJ7QC3q1Hq1n6816n7UmrPnMIfoj6/MbeJObpA==</latexit>

Q5(t = 1) � Q5(t = �1) = 0.

The fermion of the lowest spin that is capable of eliminating the gravitational theta-vacua is a chiral 
fermion  with spin=3/2.  Indeed, the index theorem shows a nontrivial index of such a fermion in the 
Eguchi-Hanson background   (Eguchi,Hanson  '78). The chirality of the massless Rarita-Schwinger field in the 
above background is broken by two units 

<latexit sha1_base64="297Wxs/g5+95JSHajMA1SJpZhas=">AAAB+nicbVDJSgNBEK2JW4zbRI9eGoPgxTgT14sQ9KK3CGaBZBh6Op2kSc9Cd48SxnyKFw+KePVLvPk3diZz0MQHBY/3qqiq50WcSWVZ30ZuYXFpeSW/Wlhb39jcMovbDRnGgtA6CXkoWh6WlLOA1hVTnLYiQbHvcdr0htcTv/lAhWRhcK9GEXV83A9YjxGstOSaRZTi1k2Ojyrjy8NKxzVLVtlKgeaJnZESZKi55lenG5LYp4EiHEvZtq1IOQkWihFOx4VOLGmEyRD3aVvTAPtUOkl6+hjta6WLeqHQFSiUqr8nEuxLOfI93eljNZCz3kT8z2vHqnfhJCyIYkUDMl3UizlSIZrkgLpMUKL4SBNMBNO3IjLAAhOl0yroEOzZl+dJo1K2z8qndyel6lUWRx52YQ8OwIZzqMIN1KAOBB7hGV7hzXgyXox342PamjOymR34A+PzBwfMkUs=</latexit>

I3/2 = �2

As it is well known, a theory that includes a fermion spin=3/2 coupled to gravity incorporates   

local supersymmetry, supergravity  (Freedman, Ferrara, Nieuwenhuizen '76) 
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The anomalous U(1)-symmetry that renders the gravitational  theta-vacua unphysical 

 is the R-symmetry under which gravitino transforms as, 

<latexit sha1_base64="rLczlLE4iUNE5cPFpvu4avpxMaM=">AAACK3icbVDJTsMwFHTKVsoW4MjFokLiVCWIAseqXDgWiS5SU6IX122t2klkO6Aqyv9w4Vc4wIFFXPkP3OVQWkayNJp5o+c3QcyZ0o7zaeVWVtfWN/Kbha3tnd09e/+goaJEElonEY9kKwBFOQtpXTPNaSuWFETAaTMYXo/95gOVikXhnR7FtCOgH7IeI6CN5NtVPIEXK+annkgy7EnWH2iQMnrEOPWkwDS7T5kHPB6A1wchwC9ncwnfLjolZwK8TNwZKaIZar796nUjkggaasJBqbbrxLqTgtSMcJoVvETRGMgQ+rRtaAiCqk46uTXDJ0bp4l4kzQs1nqjziRSEUiMRmEkBeqAWvbH4n9dOdO+qk7IwTjQNyXRRL+FYR3hcHO4ySYnmI0OASGb+iskAJBBt6i2YEtzFk5dJ46zkXpTKt+fFSnVWRx4doWN0ilx0iSroBtVQHRH0hF7QO/qwnq0368v6no7mrFnmEP2B9fMLpWOndA==</latexit>

 µ ! ei↵�5 µ

The corresponding shift is  

 where 

<latexit sha1_base64="608mZBRwE4niLQN+nQVv5CYb/g4=">AAACFnicbVDJSgNBEO2JW4xb1KOXxiAIYpgJbsegF48RzAJJCDWdnkyTnoXuGiUM+Qov/ooXD4p4FW/+jZ1F0MQHRT3eq6K7nhtLodG2v6zMwuLS8kp2Nbe2vrG5ld/eqekoUYxXWSQj1XBBcylCXkWBkjdixSFwJa+7/auRX7/jSosovMVBzNsB9ELhCQZopE7+mE7QQp8jmK5Ez0dQKrr/0Y4oLbVAxj7QTr5gF+0x6DxxpqRApqh08p+tbsSSgIfIJGjddOwY2ykoFEzyYa6VaB4D60OPNw0NIeC6nY7PGtIDo3SpFylTIdKx+nsjhUDrQeCayQDQ17PeSPzPayboXbRTEcYJ8pBNHvISSTGio4xoVyjOUA4MAaaE+StlPihgaJLMmRCc2ZPnSa1UdM6KpzcnhfLlNI4s2SP75JA45JyUyTWpkCph5IE8kRfyaj1az9ab9T4ZzVjTnV3yB9bHN3ZwnH8=</latexit>

✓ ! ✓ + 2↵

 which shows that theta is unphysical.  However, as in case of QCD, by consistency, there must 
exist a pseudoscalar degree of freedom that eliminates the massive pole in the topological 
susceptibility of gravitational vacuum.


<latexit sha1_base64="m+fm6W9bss/GiW57OGphn7cvnp0="></latexit>

hC,Ci = 1

p2
+

X

m 6=0

⇢(m2)

p2 �m2

<latexit sha1_base64="7Rv4K8RnkZcrHbP1bmyu4yWYcao="></latexit>

Cµ⌫↵ ⌘ tr(�[µ@⌫�↵] +
2

3
�[µ�⌫�↵]) ,

is the gravitational Chern-Simons 3-form. 
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It has been shown (Hawking '78, Konishi ' 88mb, Konishi '89) that EH instantons form a bilinear 
condensate of gravitino

<latexit sha1_base64="+nawTZaCY12x+h+IXiMMu5OkoT0=">AAACMXicbZBLSwMxFIUzvq2vqks3wSK4KjPiaym6cVnBVqFTy530tgaTzJhkhDLMX3LjPxE3LhRx658wM87C14HAxzm5JPdEieDG+v6zNzE5NT0zOzdfW1hcWl6pr651TJxqhm0Wi1hfRmBQcIVty63Ay0QjyEjgRXRzUuQXd6gNj9W5HSfYkzBSfMgZWGf166e0VChAjQTSMAKdhYnh+VUWyjQPDR9J6BccqjSnReSSEnU1ovCW+rRfb/hNvxT9C0EFDVKp1a8/hoOYpRKVZQKM6QZ+YnsZaMuZwLwWpgYTYDcwwq5DBRJNLys3zumWcwZ0GGt3lKWl+30iA2nMWEbupgR7bX5nhflf1k3t8LCXcZWkFhX7emiYCmpjWtRHB1wjs2LsAJjm7q+UXYMGZl3JNVdC8Hvlv9DZaQb7zb2z3cbRcVXHHNkgm2SbBOSAHJFT0iJtwsg9eSIv5NV78J69N+/96+qEV82skx/yPj4BTE6pvA==</latexit>

h ̄µ�µ⌫ 
⌫i 6= 0

 And indeed, we can identify such a degree of freedom. 

Then, the phase of this condensate is the right candidate for a composite R-axion.  
We shall denote it  by  

<latexit sha1_base64="24ckXuDoMPJ59hYNgQlPEt/Qx7E=">AAAB7XicbVDLSgNBEOz1GeMr6tHLYhA8hV3xdQx68RjFPCBZwuykNxkzO7PMzAphyT948aCIV//Hm3/jJNmDJhY0FFXddHeFCWfaeN63s7S8srq2Xtgobm5t7+yW9vYbWqaKYp1KLlUrJBo5E1g3zHBsJQpJHHJshsObid98QqWZFA9mlGAQk75gEaPEWKnRQUO6991S2at4U7iLxM9JGXLUuqWvTk/SNEZhKCdat30vMUFGlGGU47jYSTUmhA5JH9uWChKjDrLptWP32Co9N5LKljDuVP09kZFY61Ec2s6YmIGe9ybif147NdFVkDGRpAYFnS2KUu4a6U5ed3tMITV8ZAmhitlbXTogilBjAyraEPz5lxdJ47TiX1TO787K1es8jgIcwhGcgA+XUIVbqEEdKDzCM7zCmyOdF+fd+Zi1Ljn5zAH8gfP5A2XWjwc=</latexit>⌘R
Indeed, the condensate must be accompanied by the appearance of a  composite multiplet, which 
consists of a pseudoscalar, a dilaton and a dilatino. The above is in agreement with the index.  The 
condensate includes two fermions and violates the R-charge by two units.

<latexit sha1_base64="kXXLqd0YxljdfG3goaZW8K7GwWc="></latexit>
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 ̄µ�µ⌫ 
⌫

 which gives mass to   -meson.   Situation is fully analogous   to  QCD 
<latexit sha1_base64="24ckXuDoMPJ59hYNgQlPEt/Qx7E=">AAAB7XicbVDLSgNBEOz1GeMr6tHLYhA8hV3xdQx68RjFPCBZwuykNxkzO7PMzAphyT948aCIV//Hm3/jJNmDJhY0FFXddHeFCWfaeN63s7S8srq2Xtgobm5t7+yW9vYbWqaKYp1KLlUrJBo5E1g3zHBsJQpJHHJshsObid98QqWZFA9mlGAQk75gEaPEWKnRQUO6991S2at4U7iLxM9JGXLUuqWvTk/SNEZhKCdat30vMUFGlGGU47jYSTUmhA5JH9uWChKjDrLptWP32Co9N5LKljDuVP09kZFY61Ec2s6YmIGe9ybif147NdFVkDGRpAYFnS2KUu4a6U5ed3tMITV8ZAmhitlbXTogilBjAyraEPz5lxdJ47TiX1TO787K1es8jgIcwhGcgA+XUIVbqEEdKDzCM7zCmyOdF+fd+Zi1Ljn5zAH8gfP5A2XWjwc=</latexit>⌘R

The  existence of zero modes in the Eguchi-Hanson background generates a corresponding 

't Hooft vertex for gravitino,   

<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0
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per se does not break supersymmetry. However, the dynamically generated superpotential would 

lower the vacuum to AdS via the negative cosmological term: 

In order to avoid this, supersymmetry must be broken (super-Higgsed). 

<latexit sha1_base64="kXXLqd0YxljdfG3goaZW8K7GwWc="></latexit>
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 ̄µ�µ⌫ 
⌫The operator

This contribution,  if not balanced,  would violate the criterion of Minkowski. 

<latexit sha1_base64="kpRBd3Tuo/mMelrnZyh4X6TIv/4=">AAAB/3icbVDLSsNAFJ3UV62vqODGzWAR3Ngmqa9l0Y0boYJ9QJuGyXTSDp08mJkIJc3CX3HjQhG3/oY7/8Zpm4W2HrhwOOde7r3HjRgV0jC+tdzS8srqWn69sLG5tb2j7+41RBhzTOo4ZCFvuUgQRgNSl1Qy0oo4Qb7LSNMd3kz85iPhgobBgxxFxPZRP6AexUgqydEPTivjppNUylY67lrlOyeJWNq1HL1olIwp4CIxM1IEGWqO/tXphTj2SSAxQ0K0TSOSdoK4pJiRtNCJBYkQHqI+aSsaIJ8IO5nen8JjpfSgF3JVgYRT9fdEgnwhRr6rOn0kB2Lem4j/ee1Yeld2QoMoliTAs0VezKAM4SQM2KOcYMlGiiDMqboV4gHiCEsVWUGFYM6/vEgaVsm8KJ3fnxWr11kceXAIjsAJMMElqIJbUAN1gMEYPINX8KY9aS/au/Yxa81p2cw++APt8wc6yZT6</latexit>

�3|W3/2|2/M2
pl

 Thus, we arrive to conclusion that  topological structure of GR vacuum 
demands existence of spontaneously broken supersymmetry: 

                             supergravity in superHiggs phase. 
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 Most elegant scenario would be in which  the composite gravitino multiplet breaks  SUSY 

with no external help (G.D., Kobakhidze, Sakhelashvili, '24). 

Alternatively, we must employ one of the conventional mechanisms of SUSY breaking. 

In order to break supersymmetry and to uplift the vacuum of the theory to Minkowski, it is sufficient to 
add a single chiral superfield X,  that enters linearly in the superpotential,  

<latexit sha1_base64="ulh6KyZtZ/4EZl4AmdIyYWKMOFE=">AAACFnicbVDLSgMxFM3UV62vqks3F4sgqHWmPjdC0Y0LFxXsAzp1yKRpG5p5kGSEMsxXuPFX3LhQxK24829M21lo64GEwzn3kNzjhpxJZZrfRmZmdm5+IbuYW1peWV3Lr2/UZBAJQqsk4IFouFhSznxaVUxx2ggFxZ7Lad3tXw39+gMVkgX+nRqEtOXhrs86jGClJSd/UAd7Hy6GF4DdwypuJPaNzrexo+l9CWAPoO7ER4elBJx8wSyaI8A0sVJSQCkqTv7Lbgck8qivCMdSNi0zVK0YC8UIp0nOjiQNMenjLm1q6mOPylY8WiuBHa20oRMIfXwFI/V3IsaelAPP1ZMeVj056Q3F/7xmpDrnrZj5YaSoT8YPdSIOKoBhR9BmghLFB5pgIpj+K5AeFpgo3WROl2BNrjxNaqWidVo8uT0ulC/TOrJoC22jXWShM1RG16iCqoigR/SMXtGb8WS8GO/Gx3g0Y6SZTfQHxucPM0mbrQ==</latexit>

W = X̂⇤2
X +W3/2

We thus effectively end up with the  Polonyi model,  with the difference that the constant term in the 
superpotential is dynamically generated by EH instantons an in addition there is a composite gravitino 
multiplet.    For 

<latexit sha1_base64="2XnpbkIPIA4/4S3Y0hRHYb/Ob5s=">AAACAHicbVDLSsNAFL3xWesr6sKFm8EiuKpJ62tZdONGqGAf0MYwmU7aoZMHMxOhhGz8FTcuFHHrZ7jzb5y2WWjrgQuHc+7l3nu8mDOpLOvbWFhcWl5ZLawV1zc2t7bNnd2mjBJBaINEPBJtD0vKWUgbiilO27GgOPA4bXnD67HfeqRCsii8V6OYOgHuh8xnBCstueY+0mi5afWkkiHU5RzduvWHKnLNklW2JkDzxM5JCXLUXfOr24tIEtBQEY6l7NhWrJwUC8UIp1mxm0gaYzLEfdrRNMQBlU46eSBDR1rpIT8SukKFJurviRQHUo4CT3cGWA3krDcW//M6ifIvnZSFcaJoSKaL/IQjFaFxGqjHBCWKjzTBRDB9KyIDLDBROrOiDsGefXmeNCtl+7x8dndaql3lcRTgAA7hGGy4gBrcQB0aQCCDZ3iFN+PJeDHejY9p64KRz+zBHxifPzUZk54=</latexit>

W3/2 ⌧ M3
P

the Minkowski vacuum is achieved similarly to Polonyi case.   SUSY  is broken by the F-term of X, 

and the R-axion is coming mostly from the phase  of X with small admixture from .


  This is very similar to Peccei-Quiinn in QCD,  where hidden axion has a small admixture from  .


<latexit sha1_base64="24ckXuDoMPJ59hYNgQlPEt/Qx7E=">AAAB7XicbVDLSgNBEOz1GeMr6tHLYhA8hV3xdQx68RjFPCBZwuykNxkzO7PMzAphyT948aCIV//Hm3/jJNmDJhY0FFXddHeFCWfaeN63s7S8srq2Xtgobm5t7+yW9vYbWqaKYp1KLlUrJBo5E1g3zHBsJQpJHHJshsObid98QqWZFA9mlGAQk75gEaPEWKnRQUO6991S2at4U7iLxM9JGXLUuqWvTk/SNEZhKCdat30vMUFGlGGU47jYSTUmhA5JH9uWChKjDrLptWP32Co9N5LKljDuVP09kZFY61Ec2s6YmIGe9ybif147NdFVkDGRpAYFnS2KUu4a6U5ed3tMITV8ZAmhitlbXTogilBjAyraEPz5lxdJ47TiX1TO787K1es8jgIcwhGcgA+XUIVbqEEdKDzCM7zCmyOdF+fd+Zi1Ljn5zAH8gfP5A2XWjwc=</latexit>⌘R
<latexit sha1_base64="7Y6C2l1ye4bcthAe1itDCDmefY4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbRU0nEr2PRi8cKpi20oWy203bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8MPN6bYWZemAiujet+O4WV1bX1jeJmaWt7Z3evvH/Q0HGqGPosFrFqhVSj4BJ9w43AVqKQRqHAZji6m/rNJ1Sax/LRjBMMIjqQvM8ZNVbyO2joabdccavuDGSZeDmpQI56t/zV6cUsjVAaJqjWbc9NTJBRZTgTOCl1Uo0JZSM6wLalkkaog2x27IScWKVH+rGyJQ2Zqb8nMhppPY5C2xlRM9SL3lT8z2unpn8TZFwmqUHJ5ov6qSAmJtPPSY8rZEaMLaFMcXsrYUOqKDM2n5INwVt8eZk0zqveVfXy4aJSu83jKMIRHMMZeHANNbiHOvjAgMMzvMKbI50X5935mLcWnHzmEP7A+fwBbb6Ocw==</latexit>

⌘0
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We now move to the electroweak vacuum.  It is well known that this vacuum has similar 
topological structure as QCD. However, since SU(2) gauge theory is in the Higgs phase, the 

instantons are constrained.  This however does not preclude the topological structure. 

It is well established that the gauge sector of electroweak theory exhibits the topological 

susceptibility of the vacuum, Anselm, Johansen ’93,’94 


Correspondingly the weak-theta term 


 is physical.  This creates theta-vacuum with all usual consequences.   In particular, the vacuum 
energy depends on theta. 


  Gravity  demands the existence of a boson that makes theta unphysical. 


 

 

<latexit sha1_base64="bpl8WjcrCSf3czFLBuAj7rHFxss="></latexit>

FThWW̃ (x) WW̃ (0)ip!0 ⇠ e�
2⇡
↵w

<latexit sha1_base64="7VOgxX7ux6YGslzD3w5Y2a+NDeI=">AAACE3icbZDJSgNBEIZ74hbjFvXopTEI4iHMBLdj0IvHCNkgE4eeTk3S2LPQXaOEIe/gxVfx4kERr168+TZ2loMaf2j4+KuK6vr9RAqNtv1l5RYWl5ZX8quFtfWNza3i9k5Tx6ni0OCxjFXbZxqkiKCBAiW0EwUs9CW0/NvLcb11B0qLOKrjMIFuyPqRCARnaCyveOTiAJB599QNFONZ37u/qYwy59RNhAHacutC9iBrjahXLNlleyI6D84MSmSmmlf8dHsxT0OIkEumdcexE+xmTKHgEkYFN9WQMH7L+tAxGLEQdDeb3DSiB8bp0SBW5kVIJ+7PiYyFWg9D33SGDAf6b21s/lfrpBicdzMRJSlCxKeLglRSjOk4INoTCjjKoQHGlTB/pXzATDZoYiyYEJy/J89Ds1J2Tssn18el6sUsjjzZI/vkkDjkjFTJFamRBuHkgTyRF/JqPVrP1pv1Pm3NWbOZXfJL1sc3XbKd1g==</latexit>

✓w
g2w
16⇡2

WW̃

Electroweak  -vacuum and evidence for weak axion 
<latexit sha1_base64="q3u8eOnKuaxHNMAazvqBXgKIksc=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKeyKr2PQi8cIxgSSJcxOepMhsw9meoUQ8hFePCji1e/x5t84SfagiQUNRVU33V1BqqQh1/12Ciura+sbxc3S1vbO7l55/+DRJJkW2BCJSnQr4AaVjLFBkhS2Uo08ChQ2g+Ht1G8+oTYyiR9olKIf8X4sQyk4WanJOjRA4t1yxa26M7Bl4uWkAjnq3fJXp5eILMKYhOLGtD03JX/MNUmhcFLqZAZTLoa8j21LYx6h8cezcyfsxCo9FibaVkxspv6eGPPImFEU2M6I08AselPxP6+dUXjtj2WcZoSxmC8KM8UoYdPfWU9qFKRGlnChpb2ViQHXXJBNqGRD8BZfXiaPZ1Xvsnpxf16p3eRxFOEIjuEUPLiCGtxBHRogYAjP8ApvTuq8OO/Ox7y14OQzh/AHzucP/WWPXA==</latexit>

✓
<latexit sha1_base64="WD594OkhTbVQ23ihbIAGK30T5OU=">AAAB8nicbVDLSgNBEJyNrxhfUY9eBoPgKeyKr2PQi8cI5gHJEmYnvcmQ2Z1lplcJSz7DiwdFvPo13vwbJ8keNLGgoajqprsrSKQw6LrfTmFldW19o7hZ2tre2d0r7x80jUo1hwZXUul2wAxIEUMDBUpoJxpYFEhoBaPbqd96BG2Eih9wnIAfsUEsQsEZWqlDLbqArPdEe+WKW3VnoMvEy0mF5Kj3yl/dvuJpBDFyyYzpeG6CfsY0Ci5hUuqmBhLGR2wAHUtjFoHxs9nJE3pilT4NlbYVI52pvycyFhkzjgLbGTEcmkVvKv7ndVIMr/1MxEmKEPP5ojCVFBWd/k/7QgNHObaEcS3srZQPmWYcbUolG4K3+PIyaZ5Vvcvqxf15pXaTx1EkR+SYnBKPXJEauSN10iCcKPJMXsmbg86L8+58zFsLTj5zSP7A+fwBT+6P/g==</latexit>⌘w

(G.D., Kobakhidze and Sakhelashvili, '24)
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<latexit sha1_base64="pymngYAOI6VGDf86ockrozgFIcs=">AAACI3icbVDJSgNBEO2JW4xb1KOXxiB4McyIG56CXjxGMAtkQqjp9CRNeha6awxhyL948Ve8eFCCFw/+i53loEkeVPF4r4ruel4shUbb/rYyK6tr6xvZzdzW9s7uXn7/oKqjRDFeYZGMVN0DzaUIeQUFSl6PFYfAk7zm9e7Hfu2ZKy2i8AkHMW8G0AmFLxigkVr5W9dXwFKXI7T6w9Q3jbpKdLoISkV9usQ+oy7IuAutfMEu2hPQReLMSIHMUG7lR247YknAQ2QStG44dozNFBQKJvkw5yaax8B60OENQ0MIuG6mkxuH9MQobepHylSIdKL+3Ugh0HoQeGYyAOzqeW8sLvMaCfo3zVSEcYI8ZNOH/ERSjOg4MNoWijOUA0OAKWH+SlkXTCpoYs2ZEJz5kxdJ9bzoXBUvHy8KpbtZHFlyRI7JKXHINSmRB1ImFcLIC3kjH+TTerXerZH1NR3NWLOdQ/IP1s8vKOClzQ==</latexit>⌘w
fw

! ⌘w
fw

� ↵

<latexit sha1_base64="Xhv1FKbG73LZDTCE2dxd0kf2Vcc=">AAACD3icbZDJSgNBEIZ7XGPcoh69NAZFEMKMuB2DXjxGMAtkhlDT6WSa9Cx01ygh5A28+CpePCji1as338ZOMoIm/tDw8VcV1fX7iRQabfvLmptfWFxazq3kV9fWNzYLW9s1HaeK8SqLZawaPmguRcSrKFDyRqI4hL7kdb93NarX77jSIo5usZ9wL4RuJDqCARqrVThwMeAIrXvqKtENEJSKDf+YR9QFmQTQKhTtkj0WnQUngyLJVGkVPt12zNKQR8gkaN107AS9ASgUTPJh3k01T4D1oMubBiMIufYG43uGdN84bdqJlXkR0rH7e2IAodb90DedIWCgp2sj879aM8XOhTcQUZIij9hkUSeVFGM6Coe2heIMZd8AMCXMXykLQAFDE2HehOBMnzwLteOSc1Y6vTkpli+zOHJkl+yRQ+KQc1Im16RCqoSRB/JEXsir9Wg9W2/W+6R1zspmdsgfWR/ftUSccw==</latexit>

✓w ! ✓w + ↵

This is achieved either by a speudo-Goldstone transforming under anomalous B+L 
symmetry 

and shifting  theta

Or by a gauge axion which transforms under  SU(2) gauge symmetry 
<latexit sha1_base64="bufsgq4qN2BnZ9i/jipkrJrpPKM=">AAACKXicbVDLSgMxFM3UV62vUZdugkUQhDIjvpalbtxZwT6gU4ZMmmlDk8yQZCxlmN9x46+4UVDUrT9i+kBq64ELh3Pu5d57gphRpR3n08otLa+sruXXCxubW9s79u5eXUWJxKSGIxbJZoAUYVSQmqaakWYsCeIBI42gfz3yGw9EKhqJez2MSZujrqAhxUgbybfLFT/1eOKJJIOepN2eRlJGAzgjn0AvlAinbpaG/iDzbjnpol/bt4tOyRkDLhJ3Sopgiqpvv3qdCCecCI0ZUqrlOrFup0hqihnJCl6iSIxwH3VJy1CBOFHtdPxpBo+M0oFhJE0JDcfq7ESKuFJDHphOjnRPzXsj8T+vlejwqp1SESeaCDxZFCYM6giOYoMdKgnWbGgIwpKaWyHuIROLNuEWTAju/MuLpH5aci9K53dnxXJlGkceHIBDcAxccAnK4AZUQQ1g8AiewRt4t56sF+vD+pq05qzpzD74A+v7B6EDqB8=</latexit>

Bµ⌫ ! Bµ⌫ +
1

fw
⌦µ⌫

<latexit sha1_base64="u0PxhBdQ41dT/T0v81OfZUzkWKk="></latexit>

C(w)
µ⌫� ! C(w)

µ⌫� + @[µ⌦⌫�]

in accordance with SU(2)  Chern-Simons 
<latexit sha1_base64="GaHucJPGS7yGz9P1Oox5GROl5Gc=">AAACIXicbVBLSwMxGMzWV62vqkcvwSJ4Krvioxeh6MWbFewDukvJpmkbmmSXPISy7F/x4l/x4kGR3sQ/Y7bdg7YOBIaZ+ZJ8E8aMKu26X05hZXVtfaO4Wdra3tndK+8ftFRkJCZNHLFIdkKkCKOCNDXVjHRiSRAPGWmH49vMbz8RqWgkHvUkJgFHQ0EHFCNtpV655t9zMkS9xOfGFyaF1zDxJYdaprDdS7pWTv0YSU0RsyFhgtSPZhPlilt1Z4DLxMtJBeRo9MpTvx9hw4nQmCGlup4b6yDJrsaMpCXfKBIjPEZD0rVUIE5UkMw2TOGJVfpwEEl7hIYz9fdEgrhSEx7aJEd6pBa9TPzP6xo9qAUJFbHRROD5QwPDoI5gVhfsU0mwZhNLEJbU/hXiEZIIa1tqyZbgLa68TFpnVe+yevFwXqnf5HUUwRE4BqfAA1egDu5AAzQBBs/gFbyDD+fFeXM+nek8WnDymUPwB873DxCjpLw=</latexit>

⌦µ⌫ = trW[µ@⌫]!where 

However, the story splits in two according to the quality of the B+L symmetry
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 We shall say that B+L symmetry is of poor quality if it is explicitly broken by sources beyond the

electroweak anomaly. In the opposite case, B+L is of good quality.   

In such a case, the electroweak sector has  theta-vacuum and gravity requires 

 in form of a gauge axion for eliminating it.  An ordinary Peccei-Quinn type axion 

(probably) will not work due to the poor quality of B+L. 

<latexit sha1_base64="WD594OkhTbVQ23ihbIAGK30T5OU=">AAAB8nicbVDLSgNBEJyNrxhfUY9eBoPgKeyKr2PQi8cI5gHJEmYnvcmQ2Z1lplcJSz7DiwdFvPo13vwbJ8keNLGgoajqprsrSKQw6LrfTmFldW19o7hZ2tre2d0r7x80jUo1hwZXUul2wAxIEUMDBUpoJxpYFEhoBaPbqd96BG2Eih9wnIAfsUEsQsEZWqlDLbqArPdEe+WKW3VnoMvEy0mF5Kj3yl/dvuJpBDFyyYzpeG6CfsY0Ci5hUuqmBhLGR2wAHUtjFoHxs9nJE3pilT4NlbYVI52pvycyFhkzjgLbGTEcmkVvKv7ndVIMr/1MxEmKEPP5ojCVFBWd/k/7QgNHObaEcS3srZQPmWYcbUolG4K3+PIyaZ5Vvcvqxf15pXaTx1EkR+SYnBKPXJEauSN10iCcKPJMXsmbg86L8+58zFsLTj5zSP7A+fwBT+6P/g==</latexit>⌘w

Poor quality B+L 

 Let us assume that B+L symmetry of the standard model which acts on lepton and 
quark doublets as  

<latexit sha1_base64="H7NM+eo0TA4guQc7/szj/DBan44=">AAACLnicbVDLSgMxFM3UV62vUZdugkVwIWXG97IogssK9gFtLXfSTBuaeTTJKGWY/pAbf0UXgoq49TNM21lo64HA4ZxzubnHCTmTyrLejMzc/MLiUnY5t7K6tr5hbm5VZBAJQssk4IGoOSApZz4tK6Y4rYWCgudwWnV6lyO/ek+FZIF/qwYhbXrQ8ZnLCCgttcwrjhuCdboKhAgeML2LWQN42IUE8wM8HOL+rO8KIHGaio+SBPdbZt4qWGPgWWKnJI9SlFrmS6MdkMijviIcpKzbVqiaMQjFCKdJrhFJGgLpQYfWNfXBo7IZj89N8J5W2tgNhH6+wmP190QMnpQDz9FJD1RXTnsj8T+vHin3vBkzP4wU9clkkRtxrAI86g63maBE8YEmQATTf8WkC7oNpRvO6RLs6ZNnSeWwYJ8WTm6O88WLtI4s2kG7aB/Z6AwV0TUqoTIi6BE9o3f0YTwZr8an8TWJZox0Zhv9gfH9A+6Lqbo=</latexit>

l ! ei↵l, q ! ei
↵
3 q

is of poor quality. For example, is explicitly broken by gauge-invariant operators 
of the type <latexit sha1_base64="NhsJjTBQjJ2JgSc/0RwamSbg0Uw=">AAAB7nicbVDLSgNBEOz1GeMr6tHLYBA8hV3xdQx68RjBPCBZwuxkNhkyO7uZ6RXCko/w4kERr36PN//GSbIHTSxoKKq66e4KEikMuu63s7K6tr6xWdgqbu/s7u2XDg4bJk4143UWy1i3Amq4FIrXUaDkrURzGgWSN4Ph3dRvPnFtRKwecZxwP6J9JULBKFqpSQgZjUayWyq7FXcGsky8nJQhR61b+ur0YpZGXCGT1Ji25yboZ1SjYJJPip3U8ISyIe3ztqWKRtz42ezcCTm1So+EsbalkMzU3xMZjYwZR4HtjCgOzKI3Ff/z2imGN34mVJIiV2y+KEwlwZhMfyc9oTlDObaEMi3srYQNqKYMbUJFG4K3+PIyaZxXvKvK5cNFuXqbx1GAYziBM/DgGqpwDzWoA4MhPMMrvDmJ8+K8Ox/z1hUnnzmCP3A+fwBMzY7p</latexit>

qqql
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Good quality B+L 

In such a case, theta can be eliminated by  B+L transformation,  
<latexit sha1_base64="H7NM+eo0TA4guQc7/szj/DBan44=">AAACLnicbVDLSgMxFM3UV62vUZdugkVwIWXG97IogssK9gFtLXfSTBuaeTTJKGWY/pAbf0UXgoq49TNM21lo64HA4ZxzubnHCTmTyrLejMzc/MLiUnY5t7K6tr5hbm5VZBAJQssk4IGoOSApZz4tK6Y4rYWCgudwWnV6lyO/ek+FZIF/qwYhbXrQ8ZnLCCgttcwrjhuCdboKhAgeML2LWQN42IUE8wM8HOL+rO8KIHGaio+SBPdbZt4qWGPgWWKnJI9SlFrmS6MdkMijviIcpKzbVqiaMQjFCKdJrhFJGgLpQYfWNfXBo7IZj89N8J5W2tgNhH6+wmP190QMnpQDz9FJD1RXTnsj8T+vHin3vBkzP4wU9clkkRtxrAI86g63maBE8YEmQATTf8WkC7oNpRvO6RLs6ZNnSeWwYJ8WTm6O88WLtI4s2kG7aB/Z6AwV0TUqoTIi6BE9o3f0YTwZr8an8TWJZox0Zhv9gfH9A+6Lqbo=</latexit>

l ! ei↵l, q ! ei
↵
3 q

<latexit sha1_base64="H87oaY7rxlLj7KIOvAQEvjF1alA=">AAACEnicbVDJSgNBEO2JW4zbqEcvjUFQhDAjbsegF48RzAKZEGo6nUyTnoXuGkMI+QYv/ooXD4p49eTNv7GzgJr4oODxXhVV9fxECo2O82VlFhaXlleyq7m19Y3NLXt7p6LjVDFeZrGMVc0HzaWIeBkFSl5LFIfQl7zqd69HfvWeKy3i6A77CW+E0IlEWzBAIzXtI0qphwFHaPaop0QnQFAq7v2Ix9QDmQTQtPNOwRmDzhN3SvJkilLT/vRaMUtDHiGToHXddRJsDEChYJIPc16qeQKsCx1eNzSCkOvGYPzSkB4YpUXbsTIVIR2rvycGEGrdD33TGQIGetYbif959RTbl42BiJIUecQmi9qppBjTUT60JRRnKPuGAFPC3EpZAAoYmhRzJgR39uV5UjkpuOeFs9vTfPFqGkeW7JF9ckhcckGK5IaUSJkw8kCeyAt5tR6tZ+vNep+0ZqzpzC75A+vjG8VgnPE=</latexit>

✓w ! ✓w + ↵
under which it shifts:

<latexit sha1_base64="A0VF0p6vaPIGRJLzflyZmD5nkcg="></latexit>

FThWW̃ (x) WW̃ (0)ip!0 = 0

Correspondingly, the topological susceptibility of the vacuum vanishes 

 and there are no theta-vacua.   Gravity should be satisfied. 

But, where is a particle? 
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The presence of a pseudoscalar is necessary for eliminating the massless pole in the spectral  
representation of Chern-Simons correlator: 

<latexit sha1_base64="HXY9QjZ6i+914+V1ajXuVgTZO8E="></latexit>

hC(w), C(w)i = 1

p2
+

X

m 6=0

⇢(m2)

p2 �m2

What kills this? 

Important point is that at finite Planck mass, poles cannot decouple.  Thus, the only way 

compatible with gauge invariance for eliminating the massless pole is by making it massive. 

This requires a propagating pseudo-scalar degree of freedom,   -meson. 

<latexit sha1_base64="WD594OkhTbVQ23ihbIAGK30T5OU=">AAAB8nicbVDLSgNBEJyNrxhfUY9eBoPgKeyKr2PQi8cI5gHJEmYnvcmQ2Z1lplcJSz7DiwdFvPo13vwbJ8keNLGgoajqprsrSKQw6LrfTmFldW19o7hZ2tre2d0r7x80jUo1hwZXUul2wAxIEUMDBUpoJxpYFEhoBaPbqd96BG2Eih9wnIAfsUEsQsEZWqlDLbqArPdEe+WKW3VnoMvEy0mF5Kj3yl/dvuJpBDFyyYzpeG6CfsY0Ci5hUuqmBhLGR2wAHUtjFoHxs9nJE3pilT4NlbYVI52pvycyFhkzjgLbGTEcmkVvKv7ndVIMr/1MxEmKEPP5ojCVFBWd/k/7QgNHObaEcS3srZQPmWYcbUolG4K3+PIyaZ5Vvcvqxf15pXaTx1EkR+SYnBKPXJEauSN10iCcKPJMXsmbg86L8+58zFsLTj5zSP7A+fwBT+6P/g==</latexit>⌘w

The possible origins of this particle are: 


1) External, likely in form of a gauge axion;


2) Internal, from the fermion condensate triggered by instantons; 


3) Both. 
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Calculation in the toy version of the Standard Model with one lepton and single color quark doublet, 

shows  the presence of the B+L-violating condensate of 't Hooft determinant,   
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hqli 6= 0

the phase of this condensate has all the right properties for contributing into  ,

  however, some open questions remain. 
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 Whatever is its origin,  one thing is certain: Standard Model must be accompanied by  
-particle by consistency of Minkowski criterion. 
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Some remarks on phenomenology/cosmology: 

The gauge axion UV-completes in gravity.  In this setup, the axion experiments  (Madmax, IAXO,  
ADMX, HAYSTAC, CULTASK, ALPS-II, ...) represent  probes of the scale of QEFT cutoff of gravity. 
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✓̄ = 0Prediction of the gauge axion:

Any observation of EDMN will be a signature of BSM physics.

  The QCD axion scale   (and therefore the mass                            )  is unknown.  

 For gauge axion version of QCD axion, we know it is the scale of quantum gravity, but the 
value is unknown.  

 For gravitational axion, we know the scale very well: 
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but not the mass.  However, it is directly linked  with the scale of SUSY-breaking. 
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Axion (both QCD and gravitational R-axion)  is a great candidate for dark matter, since the 
energy density  of its coherent  oscillations redshift as matter. 


Notice that the ``standard"  cosmological constraints on the 

 scale of QCD axion  


 (Preskill, Wise and F. Wilczek '83;  Abbott and P. Sikivie, '83; 

 Dine and W. Fischler '83) are not robust: 


The axion likely has learned about its minimum way before the 

   QCD phase transition. Within the inflationary cosmology (but not only) 

   this is generic. This liberates the QCD axion scale from cosmological 

   constraints.  

 (G.D., '95; for recent review of this mechanism, see  Koutsangelas '22, and references 
therein) 
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Domain  walls and strings for gauge axion (G.D., Komisel, Stuhlfauth '25) 
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  Summary and Outlook:  


1)      -meson of QCD  is axion, albeit of poor-quality.  Its mass represent the experimental proof of the       
-vacua.        


 2) There exists a pure gauge formulation of axion (without need of global symmetry) which is of exact 
quality.


   Gravity brings a whole new dimension to axion physics.  Applying the Minkowski criterion to the topological 
structure of vacuum, we learned the following: 


1) Any gauge sector  with topological structure of vacuum must incorporate axion of exact quality


2)   For QCD this necessitates the presence of axion by consistency and motivated the gauge axion which does 
not rely on gauge symmetry and has exact quality to all orders in operator expansion.        


 3)  Applied to    -vacuum of  GR generated by Eguchi-Hanson instantons,  the  presence of a spin-3/2 
particle is inevitable. This justifies supersymmetry. Moreover, SUSY must be in the super-Higgs 

phase.  


  4) Analogously, the   topological structure of the electroweak vacuum, demands the existence of a 

new particle, -meson, which gets its mass from the toplogical susceptibility.  

   

  5)  Its origin depends of the quality of the B+L symmetry. 

   For a good quality  B+L , the particle exist regardless of the Minkowski criterion.  


<latexit sha1_base64="nVthuc6FQLrX5HNpRVU1gKkg638=">AAAB7nicbVBNS8NAEJ3Urxq/qh69LBbBU0nEr2PRi8cK1hbaUDbbTbt0swm7E6GE/ggvHhTx6u/x5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmlldW19o7zpbm3v7O5V9g8eTZJpxpsskYluh9RwKRRvokDJ26nmNA4lb4Wj26nfeuLaiEQ94DjlQUwHSkSCUbRSy+3ikCPtVapezZuBLBO/IFUo0OhVvrr9hGUxV8gkNabjeykGOdUomOQTt5sZnlI2ogPesVTRmJsgn507ISdW6ZMo0bYUkpn6eyKnsTHjOLSdMcWhWfSm4n9eJ8PoOsiFSjPkis0XRZkkmJDp76QvNGcox5ZQpoW9lbAh1ZShTci1IfiLLy+Tx7Oaf1m7uD+v1m+KOMpwBMdwCj5cQR3uoAFNYDCCZ3iFNyd1Xpx352PeWnKKmUP4A+fzB9uJj0Y=</latexit>

✓

<latexit sha1_base64="WD594OkhTbVQ23ihbIAGK30T5OU=">AAAB8nicbVDLSgNBEJyNrxhfUY9eBoPgKeyKr2PQi8cI5gHJEmYnvcmQ2Z1lplcJSz7DiwdFvPo13vwbJ8keNLGgoajqprsrSKQw6LrfTmFldW19o7hZ2tre2d0r7x80jUo1hwZXUul2wAxIEUMDBUpoJxpYFEhoBaPbqd96BG2Eih9wnIAfsUEsQsEZWqlDLbqArPdEe+WKW3VnoMvEy0mF5Kj3yl/dvuJpBDFyyYzpeG6CfsY0Ci5hUuqmBhLGR2wAHUtjFoHxs9nJE3pilT4NlbYVI52pvycyFhkzjgLbGTEcmkVvKv7ndVIMr/1MxEmKEPP5ojCVFBWd/k/7QgNHObaEcS3srZQPmWYcbUolG4K3+PIyaZ5Vvcvqxf15pXaTx1EkR+SYnBKPXJEauSN10iCcKPJMXsmbg86L8+58zFsLTj5zSP7A+fwBT+6P/g==</latexit>⌘w

<latexit sha1_base64="nVthuc6FQLrX5HNpRVU1gKkg638=">AAAB7nicbVBNS8NAEJ3Urxq/qh69LBbBU0nEr2PRi8cK1hbaUDbbTbt0swm7E6GE/ggvHhTx6u/x5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmlldW19o7zpbm3v7O5V9g8eTZJpxpsskYluh9RwKRRvokDJ26nmNA4lb4Wj26nfeuLaiEQ94DjlQUwHSkSCUbRSy+3ikCPtVapezZuBLBO/IFUo0OhVvrr9hGUxV8gkNabjeykGOdUomOQTt5sZnlI2ogPesVTRmJsgn507ISdW6ZMo0bYUkpn6eyKnsTHjOLSdMcWhWfSm4n9eJ8PoOsiFSjPkis0XRZkkmJDp76QvNGcox5ZQpoW9lbAh1ZShTci1IfiLLy+Tx7Oaf1m7uD+v1m+KOMpwBMdwCj5cQR3uoAFNYDCCZ3iFNyd1Xpx352PeWnKKmUP4A+fzB9uJj0Y=</latexit>

✓

<latexit sha1_base64="9Fbw1TXWnCqHtIafwK/h+WGD7tk=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPoKeyKr2PQi8cI5gHJEmYnvcmY2Z1lZlYIS/7BiwdFvPo/3vwbJ8keNFrQUFR1090VJIJr47pfTmFpeWV1rbhe2tjc2t4p7+41tUwVwwaTQqp2QDUKHmPDcCOwnSikUSCwFYxupn7rEZXmMr434wT9iA5iHnJGjZWapS4aetwrV9yqOwP5S7ycVCBHvVf+7PYlSyOMDRNU647nJsbPqDKcCZyUuqnGhLIRHWDH0phGqP1sdu2EHFmlT0KpbMWGzNSfExmNtB5Hge2MqBnqRW8q/ud1UhNe+RmPk9RgzOaLwlQQI8n0ddLnCpkRY0soU9zeStiQKsqMDahkQ/AWX/5LmqdV76J6fndWqV3ncRThAA7hBDy4hBrcQh0awOABnuAFXh3pPDtvzvu8teDkM/vwC87HN6IEjoc=</latexit>

⌘0


